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Abstract
In this investigation, a compact Local Power Distribution System (LPDS) for

the International Linear Collider (ILC) is developed and tested in the Supercon-
ducting RF Test Facility (STF) at the High Energy Accelerator Research Organi-
zation (KEK).

The total number of RF units and cavities is 236 and approximately 8,000 for
the 250 GeV ILC. Referring to the ILC Technical Design Report (TDR), each group
of 39 cavities is driven by one 10 MW multi-beam klystron. The frequency is 1.3
GHz, the repetition rate is 5 Hz, and the pulse width is 1.65 ms. The space between
adjacent cavities is 1326 mm. Therefore, the phase difference between adjacent
cavities is 90°. The Power Distribution System (PDS) can transmit power from
the klystron to the cavities. Each PDS consists of three LPDS and each LPDS
contains three 4- or 5-cavity LPDS. The maximal input power of the 5-cavity LPDS
is approximately 1.3 MW. The ILC-TDR indicates that the variable hybrid and
variable phase shifter of the LPDS should be controlled remotely. Moreover, its
power dividing ratio should satisfy the ±20% variation of the accelerating gradient
of each cavity to achieve the maximal average accelerating gradient. Due to the
limited space of the tunnel, the LPDS is expected to be constructed, and integrated
with the cryomodule on the ground and to be moved into the tunnel by a cart.
In the case of the LPDS designed in the ILC-TDR, it seems to be difficult of
facilitating removal of the cart after the installation process of the cryomodule.
To address this difficulty and reduce the production cost, the compact LPDS is
developed. The cryomodule integrated with the compact LPDS is expected to be
installed in the tunnel.

Several candidate models for a compact LPDS are proposed. The new variable
hybrid, variable phase shifter, and fixed phase shifter are designed for the compact
LPDS. They have geometric lengths of 730 mm, 300 mm, and 296 mm (or 1026
mm) respectively, to satisfy the distance between the cavities. The ±25% variation
of the power fed to the cavity is evaluated to satisfy the ±20% variation of the
accelerating gradient. To achieve the ±25% variation of power dividing ratio, the
variable hybrid has an adjusted range of the coupling ratio from -8.84 dB to -2.04
dB. The maximal phase shift of the variable hybrid is evaluated to be 17.0° when
the power dividing ratio is adjusted within ±25%. The adjusted phase range of
the variable phase shifter is 38.4°, which can compensate for the phase shift of
the variable hybrid and a margin of more than 15°. When the variable hybrid
is set for average power distribution and the variable phase shifter is set on the
center of the phase adjusted range, the fixed phase shifter is designed by increasing
or decreasing the width of the waveguide to adjust the phase difference between
adjacent cavities, which is 90°.

Based on the assumption of uniform distribution of the cavity acceleration
gradient (31.5 MV/m ± 20%) and detuning, the distribution of required power
of the cavity and the tolerance of detuning by the low level RF control system is
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evaluated. Considering the 236 RF units for the 250 GeV ILC, the probability
which the compact LPDS can adjust all 39 cavities of a RF unit to their maximal
accelerating gradient is at least 99.6%. This probability is analyzed with the con-
dition of equal QL and PkQL control of superconducting cavities, respectively. In
the case of the equal QL operation, the tolerance of detuning should be controlled
within ±16 Hz. In the case of the PkQL control with on resonance operation, the
compact LPDS can adjust all 39 cavities to its maximal accelerating gradient.

The three variable hybrids, four variable phase shifters, and three fixed phase
shifters are manufactured, and the measured S parameter can satisfy the require-
ments of the compact LPDS. In the average condition that 39 cavities are fed
equal power from the 10 MW MBK, the input power of the compact LPDS for
five cavities is 1.3 MW with a pulse width of 1.65 ms, and the interlock time is
approximately 7 µs, which shut down the power source to protect the RF system
from arcing. The required power handling capability is evaluated of 2.0 MW with
a pulse width of 2 ms, and 5.2 MW with a pulse width at least 50 µs. The L-band
resonant ring is constructed in the STF to generate a traveling wave of up to 5.2
MW to evaluate the power handling capability of RF components. Part of the
resonant ring is filled with SF6 gas to prevent arcing and 10 acoustic sensors are
installed on the resonant ring to detect the arcing position. Finally, the power
handling capabilities of these RF components are demonstrated, which satisfies
the requirements of the compact LPDS.

The compact LPDS for 4 cavities is constructed in the STF. The test result
indicates that the adjusted power dividing ratio for each cavity can satisfy the
±25% variation, and the phase between adjacent cavities can be maintained at 90°.
In this work, the feasibility of a compact LPDS is demonstrated and the operated
procedure of this system is developed. The compact LPDS will be installed on
the cryomodule of ‘CM-2a’ in the STF, and demonstrated with beam operation in
2021.
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Chapter 1

Introduction

1.1 General Introduction

The ILC is a 250 GeV linear electron–positron collider based on 1.3 GHz Su-
perconducting RF (SCRF) technology [1]. The electron and position beams
are accelerated to 125 GeV by a 20.5 km Linear Accelerator (LINAC). Fig-
ure 1.1 shows the concept of the 250 GeV ILC [2]. The ILC was proposed
to prove the existence of the Higgs field and to study the quantum proper-
ties of the Higgs boson to experimentally evaluate the Standard Model. A
collision energy of 250 GeV supports the peak cross section for the reaction
e+e− → Zh. The decay rate of the Higgs boson to various types of quarks,
leptons, and bosons can be precisely measured using the ILC. The full design
energy of the ILC is 500 GeV, to facilitate the study of the Higgs boson for
the reaction e+e− → ννh to measure the absolute normalization of the un-
derlying Higgs coupling strength. Thus the length of tunnel for the 250 GeV
ILC is expected to be 33.5 km allow for extending of the ILC to increase the
collision energy to 500 GeV.

The luminosity of the 250 GeV ILC is 1.35× 1034cm−2s−1 and the beam
current is 5.8 mA [3]. The horizontal and vertical emittance are 10 µm
and 35 nm, respectively. The superconducting cavity of the Tesla type is
occupied for the ILC with the designed accelerating gradient of 31.5 MV/m.
The number of RF stations and cavities are approximately 220 and 8000,
respectively. In the RF system, the 10 MW multi–beam klystron is used as
the power source.
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Figure 1.1: Concept of the 250 GeV ILC [2].

1.2 Goal of this Study

The goal of this study is the development of a compact Local Power Dis-
tribution System (LPDS) for the ILC. To achieve this goal, the results of
previous studies are considered.

Referring to the ILC Technical Design Report (TDR) [1], each of 39 cavi-
ties are driven by one 10 MW multi-beam klystron. The average accelerating
gradient of the superconducting (SC) cavity is 31.5 MV/m. The maximal
accelerating gradient of the SC cavity has a variation of ±20% due to man-
ufacturing differences. The Power Distributed System (PDS) transmits RF
power from one klystron to 39 cavities. Each PDS consists of three LPDSs.
The variable hybrid and variable phase shifter in the LPDS adjust the input
power and RF phase of each cavity. The accelerating field in the SC cavity
is close to the quench limit and the beams are accelerated on the crest of the
RF field. The variable hybrid and variable phase shifter of the LPDS should
be controlled remotely and the variation of the power fed to the cavities can
satisfy the ±20% variation of the maximal accelerating gradient. The cry-
omodule integrated with the LPDS is expected to be installed in the tunnel
using a cart. The lowest position of the LPDS in the ILC TDR is lower
than that of the cryomodule. Thus, the LPDS can only be constructed and
assembled in the tunnel. Otherwise, the cart cannot be removed after the
installation process. Difficulty in the assembly of the LPDS is encountered.
The goal of developing a compact LPDS is to satisfy the requirements of the
LPDS, to address the assembly difficulty, and to reduce the production cost.

To address the difficulty in the the assembly process, the compact LPDS is
expected to be constructed and assembled to the cryomodule on the ground.
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Then, the integration of the compact LPDS and the cryomodule are installed
in the tunnel. The position of the variable phase shifter is moved from the
vertical line to the horizontal line. Thus, the lowest position of the compact
LPDS is higher than that of the cryomodule, which leaves enough space for
the installation cart.

The geometric length between adjacent cavities is 1326 mm, which is 5.75
λ0 at 1.3 GHz. The phase difference between adjacent cavities should be
90°. The compact LPDS should follow this length. The new variable hybrid
and variable phase shifter are designed with shorter geometric lengths. The
reduced phase shift range is caused by the shorter variable phase shifter.
Thus, the fixed phase shifter is developed to adjust the phase difference
between adjacent cavities to 90° in advance, and the variable phase shifter is
used to compensate for the phase shift of the variable hybrid.

In the case of the variable hybrid, the goal is to adjust the range of the
coupling ratio from -8.84 dB to -2.04 dB to satisfy the ±25% variation of the
power dividing ratio. This ±25% variation can satisfy the ±20% variation
of the accelerating gradient of each cavity. In the final design, the geometric
length of the variable hybrid is decreased to 730 mm.

In the case of the variable phase shifter, the adjusted range of the phase
will decrease with the decrease of the geometric length. It should compensate
for the 17° phase shift of the variable hybrid and has a phase of 15° for beam
on-crest searching. Thus, the purpose of the variable phase shifter is to
achieve a phase range of at least 32°. In the final design, the geometric
length of the variable phase shifter is decreased to 300 mm.

In the case of the fixed phase shifter, it should adjust the phase difference
between adjacent cavities of 90° when the variable hybrid is set for the average
power distributed condition, and the variable phase shifter is set at the center
of its adjusted phase range. Based on the limitation of the geometric length,
the lengths of the fixed phase shifters are 296 mm or 1026 mm. To reduce the
production cost, the fixed phase shifter designed with a wider or narrower
waveguide width is used to change the phase. Due to the limitation of the
cut off mode and high order mode, the 296 mm fixed phase shifter cannot
achieve a phase range of 360°.

In the case of the LPDS for 5 cavities, the maximal input power is ap-
proximately 1.3 MW with a pulse width of 1.65 ms. The power handling
capability of the RF components should be evaluated. Considering the worst
condition of total reflection for which the power may be quadrupled, a power
handling capability of 5.2 MW is necessary. With the 7 µs interlock time of
the VSWR meter that monitors the reflected power, the RF components are
operated at 5.2 MW with a pulse width of more than 50 µs, and can satisfy
the requirements of the power handling capability. Moreover, the RF compo-
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nents can be operated at 2.0 MW with a pulse width of 2 ms, corresponding
to the maximal standing wave with an incident power of 1.3 MW and -13 dB
(5%) of reflected power.

To protect the power source, the L-band resonant ring is constructed in
the STF at the KEK for high power testing of the RF components. The 800
kW klystron is used as the power source to generate 5.2 MW in the resonant
ring. The 500 kW circulator is used to protect the klystron. Ten acoustic
sensors are installed on the resonant ring to detect the arcing positions. Thus,
the power gain of the resonant ring should be more than 10 dB.

The compact LPDS is constructed in the STF. The evaluated goal of the
compact LPDS is to adjust the power range of ±25% and the phase difference
between adjacent cavities can be fixed at 90° during the adjustment of power
dividing ratio and beam on-crest searching.

1.3 Structure of the Dissertation

The dissertation is dividing into eight chapters. A short overview of each
chapter is given in the following.

• In chapter 2, an introductions to the PDS of the ILC and the ILC–like
accelerators used worldwide is presented.

• In chapter 3, an introduction to the requirements of compact LPDS is
given. Several candidate models are proposed. The RF components
of variable hybrid, variable phase shifter, and fixed phase shifter are
designed for the compact LPDS.

• In chapter 4, an introduction to probabilistic analysis of the compact
LPDS is given.

• In chapter 5, the details of the construction of the L-band resonant
ring in the STF at KEK are presented. The theory and power gain are
demonstrated based on the low power test. High power operation is
performed. A circular power of 4.5 MW with a pulse width of 1.65 ms
is achieved.

• In chapter 6, the S parameter and power capability of the RF compo-
nents are evaluated to satisfy the requirements of the compact LPDS.
The L-band resonant ring is used to evaluate power handling capability.

• In chapter 7, the details of the construction of the compact LPDS in
the STF at KEK is presented and its feasibility is demonstrated.
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Chapter 2

Power Distribution System for
Accelerator

In this chapter, the power distribution system (PDS) for three supercon-
ducting accelerators is introduced. The PDS for the International Linear
Collider (ILC) is compared to the PDS for the Superconducting RF Test
Facility (STF) and the European X-band Free Electron Laser (EXFEL).
The common points of ILC, STF, and EXFEL are pulse operated using the
supper-conducting RF technology of 1.3 GHz.

2.1 RF System for the ILC

2.1.1 Introduction of theSC cavity for the ILC

The 9–cell Tesla–type Superconducting (SC) standing wave cavity is used
to accelerate electron and positron beams to 125 GeV, respectively, for the
250 GeV ILC [3]. The RF frequency is 1.3 GHz with a repetition rate of
5 Hz. Figure 2.1 shows the 9–cell superconducting cavity for the ILC. The
effective length of the cavity is 1,038.5 mm [1]. The distance between cavities
is 1,326.7 mm, which is equal to 5.75λ0 (λ0 is the wavelength at 1.3 GHz in
free space). The average accelerating gradient is 31.5 MV/m with a variation
of ±20% depending on the cavity’s performance. The average power fed to
the SC cavity is 190 kW. The tunable range of the resonant frequency of
the SC cavity is ±300 kHz. The quality factor of the SC cavity is higher
than 1 × 1010 and the matched loaded Q is 5.4 × 106. The filling time of
the SC cavity is 924 µs and the beam pulse width is 727 µs. Thus, the total
RF pulse width is 1650 µs. Table 2.1 displays the key parameters of the
superconducting cavity for ILC.
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Table 2.1: Key parameters of the superconducting cavity for ILC [1].

Accelerating structure Standing wave
Accelerating mode TM010,π mode

Cells 9
Fundamental frequency 1.3 GHz

Tunable range ±300 kHz
Effective length 1038.5 mm

Distance between cavities 1326.7 mm
Average gradient 31.5 MV/m

Gradient fluctuation ±20%
Average RF power 190 kW

Quality factor (31.5 MV/m) >1× 1010

Matched loaded Q 5.4× 106

R/Q 1036 Ω
Filling time 924 µs
Beam pulse 727 µs

Total RF pulse 1650 µs
Repetition rate 5 Hz

Figure 2.1: 9-cell superconducting cavity for the ILC.

The SC cavity is assembled in the cryomodule to achieve the extremely
low temperature of 2 K and SC’s performance. There are two types of cry-
omodules, type A contains nine cavities and type B contains eight cavities
and a SC quadrupole package. The length of the cryomodule is 12.652 m.
Figure 2.2 shows the longitudinal view of the cryomodule (Type B) with
eight cavities and a central quadrupole. Table 2.2 displays the parameters
for the cryomodule for the ILC.
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Chapter 3. Main Linac and SCRF Technology

Figure 3.13
Interface definition of
the input coupler.

126 mm

190.5 mm

385.5 mm

cryomodule coupler port
∅260 OD flange
O-ring DN200

Cavity coupler 
port DN40

Waveguide port
WR650

a BPM) located at the centre of the cryomodule (Type B). The cavities and quadrupole package are
integrated into the cryomodules along with their supporting structures, thermal shields and insulation,
and all of the associated cryogenic piping required for the coolant flow distribution along a cryogenic
unit without the need for additional external cryogenic distribution lines.

All the 14,742 1.3 GHz cavities in the ILC main linacs are grouped into 1,701 cryomodules (1,134
Type A, and 567 Type B). Another 152 cryomodules are located in the e+ and e− sources and RTML
bunch compressors. Most of these are either the standard Type A or Type B cryomodules, although
the sources contain a few with special configurations of cavities and quadrupoles.

Figure 3.14. Longitudinal View of a Type IV Cryomodule (Type B), with eight cavities and a central quadrupole.

3.4.2 Cryomodule technical description

Figure 3.14 shows a longitudinal sectioned view of the Type-IV cryomodule (Type B). The design is a
modification of the type developed and used in the TESLA Test Facility (TTF) at DESY, with three
separate vacuum envelopes (beam vacuum, isolation vacuum and power-coupler vacuum) [27]. The
cavity spacing within the cryomodule is (6− 1/4)λ0 = 1.327 m.

Copper-coated flanged bellows are located between beamline components to allow differential
thermal contractions. Fundamental-mode couplers (described in Section 3.3.1) provide the RF power
to the cavities, and are connected to ports on the vacuum vessel on one side and to the cavity coupler
ports on the opposite side. RF cables bring the signals from the field pickup and the HOM antennas
(See Section 3.3.3) to the LLRF control system outside the cryomodule for the control of the cavity
field amplitude and phase and to extract HOM power from the 2 K level. Manually operated valves

42 ILC Technical Design Report: Volume 3, Part II

Figure 2.2: Longitudinal view of cryomodule (Type B) with eight cavities
and a central quadrupole [1].

Table 2.2: Parameters of the cryomodule for the ILC [1].

Length of cryomodule 12.652 m
Type A 9 cavities
Type B 8 cavities + 1 quad package

Cryogenic Liquid Helium
Lowest temperature 2 K

2.1.2 Power Distribution System for the ILC

The Power Distribution System (PDS) is used to transmit RF power from
a power source to the SC cavities. A PDS for more standard Distributed
Klystron Scheme (DKS) was developed for a mountainous topography [1].
Figure 2.3 shows the PDS of the DKS option for the ILC. A 10 MW multi–
beam klystron (MBK) is used as the power source to drive 39 Tesla type
9–cell SC cavities, which are assembled in 4.5 cryomodules [1]. There are
two output ports with 5 MW power each for the 10 MW MBK [4]. These
two 5 MW power are distributed to three 3.33 MW power via two hybrids
with a power distributed ratio of 2:1 and a power combiner. Then, the three
3.33 MW power are transmitted to three Local Power Distribution Systems
(LPDS). Each LPDS is connected to 13 SC cavities.
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var. power divider
var. H-hybrid
pressure window

5MW load
phase shifter
isolator

WR770
10 MW klystron

9 cavities  4 C.  quad   4 C. 9 cavities 9 cavities     4 C. quad

Figure 2.3: Power Distribution System (PDS) of the Distributed Klystron
Scheme (DKS) option for the ILC [1]. The DKS option is developed for a
mountainous topography. Each PDS contains three Local PDSs (LPDS).

Figure 2.4 shows an image of the 10 MW MBK. The peak output power
is 10 MW. The pulse width and repetition rate are 1.65 ms and 5 Hz, re-
spectively, and the average output power is 82.5 kW. The MBK splits the
electron current into six beams of low perveance, and the beam voltage is
decreased to reduce the space–charge effect. Thus, the power efficiency is
improved to 65%. The lifetime is more than 40,000 hours. Table 2.3 displays
the parameters for the 10 MW MBK.

Figure 2.4: Image of 10 MW multi–beam klystron [5].
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Table 2.3: Parameters of 10 MW multi–beam klystron [1].

Frequency 1.3 GHz
Peak output power 10 MW

Pulse width 1.65 ms
Repetition rate 5 Hz

Average output power 82.5 kW
Lifetime >40,000 hours

In the case of the PDS of the DKS option, a “Kamaboko–shaped” tunnel
is designed. Figure 2.5 shows a cross section of the “Kamaboko–shaped”
tunnel. The tunnel has a width of 11 m and is divided into two corridors by
a thick (2.0 m ∼ 3.5 m) concrete wall. The cryomodule and RF system that
contains signal modulators, power supplies, and the klystron, are installed
in the two corridors, respectively. The concrete wall can effectively reduce
the radiation to the RF system and the equipment for RF system can be
repaired or replaced during beam operation.

Figure 2.5: Cross section of “Kamaboko–shaped” tunnel [6]. This tunnel is
designed for the DKS option and mountainous topography.
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2.1.3 Local Power Distribution System for the ILC

Figure 2.6 shows the CAD model of the Local Power Distribution System
(LPDS) for 13 cavities. The input power of the LPDS for 13 cavities is
approximately 3.3 MW. This LPDS contains two secondary LPDSs for four
cavities and a secondary LPDS for five cavities. The RF power is transmitted
to each secondary LPDS via the WR650 type waveguide.

Chapter 3. Main Linac and SCRF Technology

Figure 3.32
Schematic of the local
power-distribution-
system (LPDS) that
delivers RF power to
accelerator cavities in
the main linacs. (a)
shows the case of the
KCS option, and (b)
shows the case of the
DKS option. In both
cases, cavities are feed
in groups of 13. (Re-
produced from Fig. 3.1
in Section 3.1.)

The LPDS distributes the power from a klystron (DKS) or CTO feed (KCS) to the cavities as
shown in Fig. 3.32. This is accomplished in 13 cavity groups, one of which is illustrated in Fig. 3.33.
The same input power goes to each group of thirteen cavities, with the exception of the third arm for
the DKS arrangement (see Section 3.9.3), but the power to each cavity differs due to the variation of
up to ± 20% in gradient performance.

isolator
phase
shifter

bellow

coupler

load
WR650waveguide

variable
powerdivider

pressurized
window

power
flow

Variable
Hhybrid

load

Figure 3.33. CAD model of a 13-cavity local power-distribution system (LPDS)

Two types of remotely-controllable variable power-splitters are used to customise the power sent
to the cavities. As indicated in Fig. 3.32, three variable power dividers (VPDs) initially split the power
into three lines, each feeding either four or five cavities. Any remaining power after the third VPD is
dumped in a high-power load. The VPDs are pressurised to one bar N2, and ceramic RF windows
handle the pressure differential to the non-pressurised waveguides. The power division within each set
is achieved using variable H-hybrids, and the cavity after the last split uses all the remaining power.

In each cavity feed line is a remotely-controllable phase shifter followed by a ferrite-based isolator
(circulator with load). The latter prevents the power that is either reflected or discharged from the
cavity from re-entering the waveguide system. RF pickups in the input and load ports of the isolators
provide the low-level RF control system with information on the forward and reflected cavity power
levels. Finally, a flexible rectangular bellows connects the waveguide to the warm end of the cavity
input coupler.

A schematic of the VPD and photograph of the U-bend phase-shifter are shown in Fig. 3.34. The
design of the U-bend phase-shifter features an inner waveguide which can be moved like a trombone
by an external actuator. The VPD forms a 4-port device, and when one port is loaded it allows full
range adjustment of power division between the forward waveguide and the downward extraction
waveguide. By moving the phase shifters in opposite directions, the phases of the outputs can be

62 ILC Technical Design Report: Volume 3, Part II

Figure 2.6: CAD model of the Local Power Distribution System (LPDS) for
13 cavities [1].

The accelerating gradient of the SC cavity has a variation of ±20% due
to the cavity’s performance. To achieve the maximal average accelerating
gradient, the input power of each cavity should be different to operate all the
SC cavities close to the quench limit. Thus, the input power of each secondary
LPDS for four or five cavities will also be different. As shown in Fig 2.6, three
variable power dividers (VPD) are used to divide the power supplied to each
secondary LPDS. The input power and phase of each secondary LPDS can
be adjusted via the VPD. Figure 2.7 shows the schematic of the VPD, U-
bend phase shifter, and the magic tee. The VPD is a 4-port component that
consists of two folded magic tees and two U-bend phase shifters [7]. The
U–bend phase shifter was designed in the SLAC. A pair of waveguides with
a length of a quarter wavelength is inserted between the magic tee and a
U–bend phase shifter. Port–2, port–3, and port–4 of the VPD are connected
to the next VPD or the terminal dummy load, LPDS, and dummy load,
respectively.
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Port-1

(Input)

Port-4

(Load)

Port-3

Port-2

(a) Schematic of VPD.

Port-1

(Input)

Port-4

(Load) Port-3

Port-2λg/4

U-bend PS-1

U-bend PS-2

1 10 1= +  

2 20 2= +  Magic-T Magic-T

(b) Equivalent circuit of VPD.

Port-1

Port-4

Port-2
Port-3

b
a

b
a

b

a

(c) Magic tee.

3.6. RF power source

Figure 3.34
Schematic of a Variable
Power Divider (VPD),
comprising two folded
magic-T’s and two
U-bend phase-shifters
(left). b) Photograph
of a U-bend phase-
shifter (Finger-stock
provides the contact
with the mating waveg-
uide).

(b)(a)

held fixed, allowing a pure amplitude control.
Shown in Fig. 3.35 is the original design geometry for the variable H-hybrid, its electromagnetic-

field patterns, and an in-line variant that simplifies daisy-chaining for use in the LPDS. This geometry
formed the basis of the design for the devices in the 13-cavity LPDS shown previously in Fig. 3.33.
The interior of the 4-port hybrid accommodates two electromagnetic-field modes whose relative
phase-lengths can be changed by transversally moving the “pontoon-shaped” conductors, resulting
in a change in the power division. Any residual phase-change is compensated using the upstream
phase-shifter. Although the devices themselves do not allow the power ratios to be adjusted over the
full range, the achievable power ratios can deviate significantly from the nominal ratios of 1/5, 1/4,
1/3 and 1/2.

Figure 3.35
Illustrations of a vari-
able H-hybrid: original
design geometry (left);
electromagnetic-field
patterns (center); in-
line variant used in the
LPDS (right).

3.6.5 RF power requirements

In order to estimate the total number of klystrons required, it is necessary to take into account all the
expected RF losses along the entire power distribution system to the cavity. A further inefficiency can
be attributed to the random spread in cavity-gradient performance, since in general it is not possible
to perfectly match all the cavities connected to the same power source, since the RF pulse and hence
the fill time must be the same for all cavities [51]. This results in reflected power from most cavities.
Finally, some small fraction of klystron power is required for LLRF control.

While estimation of the distribution-system losses and control overhead is relatively straightforward,
estimation of the impact of the gradient spread can only be described in a statistical sense, since it
is currently assumed that sorting the cavities with respect to performance is unlikely during mass
production and installation into the cryomodules, resulting in an effectively random cavity distribution
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(d) U-bend Phase Shifter.

Figure 2.7: Schematic of the Variable Power Divider(VPD), U-bend phase
shifter, and magic tee. The VPD is composed of two folded magic tees and
two U-bend phase shifters.

The scattering matrix of the symmetric magic tee [8] is

[ST ] =
−j√

2


0 1 1 0
1 0 0 −1
1 0 0 1
0 −1 1 0

 (2.1)

The output voltage of port–2 and port–3 of the VPD can be calculated
using Eq. 2.2. φ10 and φ20 are the initial phase of the two U-bend phase
shifters, whereas ∆φ1 and ∆φ2 are the shifted phase of two U-bend phase
shifters. {

V2 = −j sin(φ2−φ1
2

)ej[(φ1+φ2)/2]

V3 = − cos(φ2−φ1
2

)ej[(φ1+φ2)/2]
(2.2)
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The power dividing ratio and phase of Port–2 and Port–3 can be adjusted
for the full range by adjusting the phase of the two U-bend phase shifters.
The pure adjustment of power can be achieved by moving the two U-bend
phase shifters in opposite directions (∆φ1 = −∆φ2, φ2 + φ1 = con.), and
the output phase of the VPD is fixed. Pure adjustment of the phase can
be achieved by moving the two U-bend phase shifters in the same directions
(∆φ1 = ∆φ2, φ2 − φ1 = con.), and the output power of the VPD is fixed.

To adjust the input power of each cavity to the maximal value, a variable
hybrid is used in the LPDS [1]. Figure 2.8 shows a schematic of the variable
hybrid used for the ILC. The variable hybrid is a 4–port RF components. The
distance from port–1 to port–2 of this hybrid is 1,100 mm. The input power
from port–1 is divided and output from the port–2∼4. The output power
of port–2 and port–3 are transmitted to the secondary variable hybrid and
cavity, respectively. The output power of port–4 is expected to be less than
-20 dB. Two metallic fins are symmetrically inserted in the variable hybrid.
The power distributed ratio between port–2 and port–3 can be adjusted by
moving the two fins symmetrically.

Port-1Port-2

Port-3 Port-4

(Load)

1100 mm

Figure 2.8: Schematic of variable hybrid for the ILC [1].

The beam energy transferred from the RF field can be improved if the
beam is accelerated on the crest of the field. The variable phase shifter is
used to adjust the phase of the RF field. Figure 2.9 shows a schematic of the
variable phase shifter for the ILC. The length of this variable phase shifter is
600 mm. A metallic fin is moved in the waveguide to adjust the transmitted
phase [9].
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Port-1Port-2

Move

600 mm

Figure 2.9: Schematic of the variable phase shifter for the ILC [9].

The isolator and bellow are installed before the input coupler. The isola-
tor can prevent the reflected power from the SC cavity from be transmitted
to the LPDS. This reflected power is absorbed by the dummy load connected
to the isolator. There are two coupling outputs on the input and load ports
of the isolator, to monitor the power and phase of the forward and reflected
signal of the SC cavity. The bellow provides the adjustment of the geometric
length for the installation of the LPDS.

In conclusion, the PDS and LPDS for the ILC are developed. The 10 MW
MBK is used as the power source to drive 39 SC cavities. The variable power
divider and the variable hybrid are used to adjust the transmitted power
to each secondary LPDS and the cavity, respectively. The variable phase
shifter is used to adjust the phase of the RF field. Under ideal conditions,
the accelerating gradient of the SC cavity is close to the quench limit and
the beams are accelerated on the crest of the RF field.

2.1.4 Local Power Distribution System for the STF

The Superconducting RF Test Facility (STF) was built to demonstrate RF
technology for the ILC [10]. Figure 2.10 shows the STF-2 accelerator con-
structed in the STF. The STF-2 accelerator is composed of a photocathode
RF gun, a capture cryomodule containing two SC cavities, a cryomodule
(CM–1) containing eight SC cavities, and a cryomodule (CM-2a) containing
four SC cavities. During the beam operation in 2019, eight SC cavities in
the CM–1 and CM–2a were operated. The maximal beam energy was 271
MeV and the average accelerating gradient of the eight SC cavities was 32
MV/m. Table 2.4 displays the parameters of the beam operation for the
STF-2 accelerator at the STF in 2019.
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CM-1（8 cavities）

CM-2a（4 cavities）

Capture Cryomodule

（2 cavities）

Photocathode RF Gun

Figure 2.10: STF-2 accelerator constructed in the STF [10].

Table 2.4: Parameters for beam operation of the STF-2 accelerator at the
STF in 2019.

Operated cavities 2(Capture) + 8 (CM–1 & CM–2a)
Beam energy 271 MeV

Average acc. gradient 32 MV/m

Figure 2.11 shows the LPDS constructed in the STF. Due to the difference
between the cryomodule in the STF and the one in the ILC, the LPDS in
the STF is also different compared to the one in the ILC-TDR. The variable
hybrid is connected to two H-corners, a horizontal spacer, and two vertical
spacers. The H-corners and horizontal spacers are used to adjust the distance
between the variable hybrid to 1,326 mm. The vertical spacers are used to
adjust the phase difference between adjacent cavities to 90°. The length of
the vertical spacers is different for each cavity. To test the quench limit of
the SC cavity, the input power of the LPDS is greater than the summation
of the designed power of the total cavities. Thus, one more variable hybrid
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is installed before the last SC cavity. The redundant power can be absorbed
by the dummy load connected to the last variable hybrid.

�

�

�

�

�

�

�

�

�

�

�

�

�

�

�

�	 	

 

� �
� �
 
� �

�� ���������������
��

��� !�"!� #$�$#$
Figure 2.11: LPDS constructed in the STF. The VHB is a variable hybrid.
The VPS is a variable phase shifter.

2.2 Power Distribution System for the EXFEL

The 3.4 km European X-band Free Electron Laser (EXFEL) was constructed
in the DESY to generate extremely intense X–ray flashes [11]. The first laser
pulse was produced in May 2017. Superconducting RF technology was uti-
lized for the EXFEL. The RF power has a frequency of 1.3 GHz, a repetition
rate of 10 Hz, and a pulse width of 1,380 µs, with a filling time of 780 µs.
The SC cavity is also 9–cell Tesla–type with an accelerating gradient of 23.6
MV/m. Table 2.5 shows the key parameters of superconducting cavity for
the EXFEL. The RF system of the ILC is very similar to the EXFEL except
for the pulse width, the repetition rate, and the accelerating gradient.
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Table 2.5: Parameters of the superconducting cavity for EXFEL [11].

Accelerating structure Standing wave
Accelerating mode TM010,π mode

Cells 9
Fundamental frequency 1.3 GHz

Tuning range ±300 kHz
Effective length 1038 mm

Distance between cavities 1383.6 mm
Average gradient 23.6 MV/m

Average RF power 122 kW
Quality factor >1× 1010

Matched loaded Q ∼ 4.6× 106

R/Q 1036 Ω
Filling time 780 µs
Beam pulse 600 µs

Total RF pulse 1380 µs
Repetition rate 10 Hz

There are 27 RF stations for the EXFEL. Each RF station is driven by
a 10 MW MBK and transmits RF power to 32 cavities that are equally
assembled in four cryomodules. Figure 2.12 shows the compact Waveguide
Distribution System (WDS) for the EXFEL. This system (WDS) is developed
to conserve tunnel space, increase reliability, and decrease the mounting time
of the WDS [12].
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Pulse 

Transformer

10 MW 

Klystron

Figure 2.12: Compact waveguide distribution system for the EXFEL [12].
Each 32 SC cavities assembled in four cryomodules are driven by a 10 MW
MBK.

Figure 2.13 shows a schematic of the compact WDS for eight cavities. It
is composed of three pre–tunable asymmetric shunt tees, three fixed phase
shifters, and four binary cells [13]. Three asymmetric shunt tees divide the
power equally to four binary cells. The fixed phase shifter adjusts the phase
difference between the binary cells to 0°. Each binary cell is connected to
two SC cavities and composed of a long shunt tee integrated with a phase
shifter, two 500 kW circulators, two 500 kW dummy loads, and two waveg-
uide bellows. The circulator integrated with the dummy load is called an
isolator. The reflected power from the SC cavity is very high during the
filling and decay time. By placing the phase shifter between the isolator and
the klystron, the maximal voltage of the standing wave can be reduced by
half. The lengths of the long shunt tee, asymmetric shunt tee, and fixed
phase shifter are 940 mm, 380 mm, and 2387 mm, respectively. The fixed
phase shifter is designed using different cross sections with the WR650 to
shift the phase from −220° to 0°.
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RF input Asymmetric Shunt TeeFixed Phase Shifter

Binary
Cell To Cavity

(a) Compact WDS for eight cavities.

To cavityP2 P3

500 kW

Circulator

500 kW

Load
Bellow

Long Shunt Tee & PS

P1

To cavity

Input

(b) Binary cell.

Figure 2.13: Schematic of the compact waveguide distribution system (WDS)
for eight cavities and the binary cell for EXFEL [13].

Figure 2.14 shows the model for a long shunt tee of the compact WDS
for EXFEL. Two pistons of length 370 mm are symmetrically placed in the
long shunt tee [14]. The phase of each output port is changed by 90° when
the piston is moved 25 mm. A metallic post is placed inside the long shunt
tee. The power distributed ratio of the two output ports (P2 and P3) can be
adjusted by tuning the horizontal position of the post for the fluctuation of
the accelerating gradient of cavities. In case the SWR is less than 1.2, the
tunable range of P2/P3 is ±6 dB and the maximal phase difference between
two outputs is shifted by ±60° during this adjustment.
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940 mm

Post

(a) Model.

Port-1

Port-2 Port-3
Post

(b) E–field.

Figure 2.14: Model of the long shunt tee integrated with phase shifters of
the compact WDS for EXFEL [14].

Figure 2.15 shows the model of an asymmetric shunt tee for the compact
WDS for EXFEL. There are two metallic posts placed in the asymmetric
shunt tee [14]. By pre–tuning the vertical position of post–1 and the hori-
zontal position of post–2, the power transmitted to each binary cell can be
adjusted. For the average power distributed condition, the coupling ratios
from input port of asymmetric shunt tee to binary cell are -6.0 dB, -4.77 dB
and -3.0 dB for the three asymmetric shunt tees.
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380 mm

Post

(a) Model.

Port-1

Port-3
-6.0 dB

Port-2
-1.3 dB

Post

(b) E–field.

Figure 2.15: Model of the asymmetric shunt tee of the compact WDS for
EXFEL [14].

Figure 2.16 shows an image of the compact WDS and cryomodule for
EXFEL. The advantage of the compact WDS is that it occupies less space.
The compact WDS can easily be integrated on the cryomodule. The dis-
advantage is that the post of the long shunt tee and asymmetric shunt tee
need to be pre–tuned. The coupling ratio cannot be changed after it is
manufactured. Thus, some SC cavities may not be operated with maximal
accelerating gradient.

Figure 2.16: Image of the compact WDS and cryomodule for EXFEL [15].
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Chapter 3

Design of Compact LPDS

In this chapter, the motivation behind the development of the compact LPDS
and its requirements are introduced. Several candidate models of the com-
pact LPDS were developed. The RF components of the variable hybrid,
variable phase shifter, and fixed phase shifter were designed for the compact
LPDS.

3.1 Motivation

Referring to the ILC-TDR, the lowest position of the LPDS is lower than
the cryomodule. The cryomodule is moved and installed in the tunnel using
a cart [1]. If the cryomodule integrated with the LPDS is installed in the
tunnel, the cart cannot be removed after the installation process. Due to the
limited space of the tunnel, the construction and installation of the LPDS
in the tunnel will be difficult and time consuming. It is expected that the
compact LPDS will be assembled on the cryomodule on the ground, and the
integration of the LPDS and cryomodule will be installed in the tunnel. For
this purpose, the vertical length of the compact LPDS must be reduced. For
the 250 GeV ILC, the number of RF units and cavities are approximately
236 and 8,000 respectively and the production cost of the RF system is very
high. It is also expected that the compact LPDS will reduce the production
cost by reducing the number and the dimensions of the RF components.

3.2 Requirements of the Compact LPDS

The ILC-TDR directly indicates the five requirements of the LPDS. Firstly,
the adjustment of the power dividing ratio should satisfy the ±20% variation
of the accelerating gradient of the SC cavity. Thus, the SC cavity can be
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operated close to the quench limit, and the maximal average accelerating
gradient of the main LINAC can be achieved. The variable hybrid is used
to adjust the input power of the SC cavity in the LPDS from the ILC-TDR.
Secondly, the beam should be accelerated on the crest of the RF field to
improve the accelerating efficiency of the beam. The variable phase shifter is
expected to adjust the phase of the RF field. Thirdly, the variable hybrid and
variable phase shifter of the LPDS should be remotely controlled. Fourthly,
the geometric distance between adjacent cavities is 1,327 mm and the dimen-
sions of the LPDS should follow this value. Finally, the input power of the
LPDS for five cavities is approximately 1.3 MW, with a pulse width of 1.65
ms and a repetition rate of 5 Hz for the average power distributed condition.
The power handling capability of the LPDS should be at least 1.3 MW.

The relationship between the accelerating gradient and generator power
is useful for the requirements of the LPDS. In the case of the optimal tuning
of the SC cavity, the minimal generator power is expressed by the equation
(3.1) [17].

(Pg)min = Eacc · l · Ib0 · cosφb (3.1)

where Eacc, l, Ib0, and φb are the accelerating gradient, effective cavity
length, DC component of the beam current, and beam phase, respectively.
During the beam operation, the beam current Ib0, and beam phase φb, are
constant. The variation of the generator power should be at least ±20% to
satisfy the ±20% variation of the accelerating gradient. Considering a given
margin, the adjustment of the power dividing ratio of the compact LPDS
should be ±25%.

When the power dividing ratio is changed by the variable hybrid, the
phase changes. The phase shifter should compensate for the phase shift of
the variable hybrid to fix the phase difference between adjacent cavities to
90°. Another 15° phase adjusted range is expected for the margin.

The geometric length between adjacent cavities is 1,327 mm, which is
5.75λ0 at 1.3 GHz. The λ0 is the wavelength in free space. Thus, the phase
of each cavity is 90° delayed relative to the previous cavity along the direction
of the beam. Figure 3.1 shows the phase relationship of the cavities for the
ILC.
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Figure 3.1: Phase relationship of the cavities for the ILC.

The requirements of a compact LPDS is summarized as follows:

• The adjustment of the power dividing ratio should be ±25% by the
variable hybrid.

• The RF phase can be adjusted to accelerate beams on the crest of the
RF field.

• The phase shifter can compensate for the phase shift of the variable
hybrid and supply 15° for the margin.

• The geometric distance between the adjacent output port of the com-
pact LPDS should be 1,327 mm.

• The phase difference between adjacent cavities should be 90°.

• The compact LPDS should be remotely controlled.

• The power handling capability is at least 1.3 MW with a pulse width
of 1.65 ms and a repetition rate of 5 Hz.
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3.3 Design Concept of Compact LPDS

To address the assembly difficulty, the lowest position of the LPDS should
be higher than that of the cryomodule. Thus, the input coupler should be
rotated. Considering the structure of the input coupler and a peripheral such
as a vacuum tube, the direction of the input coupler should be vertical and
not horizontal. Thus, the input coupler will be rotated by 180°. The power
flow direction to the input coupler is changed from above to below. To reduce
the vertical length of the LPDS to lower the center of gravity, the variable
phase shifter is changed from a vertical line to a horizontal line [16]. In the
case of a variable phase shifter that is set vertically, it can only adjust the
phase of one cavity and the phase shift of the variable hybrid accumulated to
the next cavity. This will significantly increase the required phase adjusted
range of the variable phase shifter. For example, if the maximal phase shift
of the variable hybrid is 20°, the required phase adjusted range of the variable
phase shifter should be at least 80° for a LPDS for 5 cavities. In the case
of a variable phase shifter that is set horizontally, the phase adjustment of
the variable phase shifter is effective for all the following cavities in the same
LPDS. The variable hybrid and variable phase shifter can be regarded as an
integration. Every time the variable hybrid is adjusted, the variable phase
shifter is also adjusted to compensate for the phase shift. Thus, the phase
of the following cavities is not changed. If the maximal phase shift of the
variable hybrid is 20°, the required phase adjusted range of the variable phase
shifter is only 20°. It is evident that the phase adjusted range is positively
correlated to the geometric length of the variable phase shifter. By moving
the variable phase shifter from the vertical position to the horizontal position,
the required geometric length of variable phase shifter is reduced and the
LPDS can be compact. Figure 3.2 shows the candidate concepts for the
compact LPDS. These concepts will be discussed later. Fig 3.3 shows the
PDS based on the compact LPDS.
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(a) LPDS in ILC-TDR.
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(c) #2 concept for com-
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(d) #3 concept for com-
pact LPDS.
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(e) #4 concept for com-
pact LPDS.
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(f) #5 concept for com-
pact LPDS.
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(g) #6 concept for com-
pact LPDS.

1326

VHB VPS
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(h) #7 concept for com-
pact LPDS.

Figure 3.2: Candidate concepts for the compact LPDS. VHB is a variable
hybrid. VPS is a variable phase shifter. FPS is a fixed phase shifter. WG is
a straight waveguide.
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Figure 3.3: The PDS based on the compact LPDS.
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The #1 concept has the least number of RF components. Figure 3.4 shows
the compact LPDS for the five cavities based on the #1 concept [28]. There
are nine 9-cell cavities in one cryomodule, but there is not enough space for
the next compact LPDS for four cavities. Two solutions are considered. The
first solution is to rotate the first variable phase shifter that is closest to the
power divider from the horizontal direction to the vertical direction, and to
use one E-corner to rotate the dummy load of the power divider. Figure 3.5
shows the modified compact LPDS for five cavities based on the #1 concept.
The height of the compact LPDS and PDS is increased. The second solution
involves another concept and may reduce the height of the center of gravity of
the compact LPDS. For the first solution, the advantage is a reduction of the
number of RF components, and the disadvantage is an increase in the height
of the compact LPDS and PDS. For the second solution, the advantage is a
reduction of the height of the compact LPDS and PDS, and the disadvantage
is at least an additional H-corner is necessary for each cavity.

Figure 3.4: Compact LPDS for five cavities based on the #1 concept [28].
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Figure 3.5: Modified compact LPDS for five cavities based on the #1 concept.

The #2 and #3 concepts can satisfy the space requirement and reduce
the height of the compact LPDS. Figure 3.6 shows the compact LPDS for five
cavities based on the #3 concept. The number of RF components required
for the #3 concept is less than that required for #2 concept for one straight
waveguide. The height of the #3 concept is also less than that of the #2
concept. In the case of the #3 concept, the bellow is not directly connected
to the input coupler. The lowest position of #3 is the dummy load, and may
be lower than the cryomodule, which requires installation of the dummy load
in the tunnel after the installation of the compact LPDS and the cryomodule.

#VHB4 #VHB3 #VHB2

#C1#C2#C3#C4#C5

Power

#VPS1#VPS3#VPS4#VPS5 #VPS2

#VHB1

Figure 3.6: Compact LPDS for five cavities based on the #3 concept.

The #4 and #5 concepts require the E-corner to connect the variable
hybrid and dummy load, thus, more horizontal space is needed. The height
of #4 is less than that of #5, but it requires that the bellow is not directly
connected to the input coupler. Figure 3.7 shows the compact LPDS for
5 cavities based on the #4 concept. The support system of the compact
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LPDS may be more complicated. The #6 concept requires a longer bellow
to generate enough space for the two dummy loads. The #7 concept requires
the most H-corners of all the seven concepts.
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Figure 3.7: Compact LPDS for 5 cavities based on the #4 concept.

Based on the preceding discussion, the first choice is the #1 concept
because it requires the least RF components, the second choice is the #4
or #5 concept because it facilitates horizontal space and a possible support
system, and the third choice is the #2 or #3 concept.

3.4 Design of RF Components for the Com-

pact LPDS

To realize a compact LPDS, a compact variable hybrid and a compact vari-
able phase shifter are designed. In addition, fixed phase shifters are designed
to adjust the phase difference between adjacent cavities for beam accelera-
tion.

3.4.1 Phase Shifter of the Plate and the Fin Type

The typical waveguide phase shifter is a straight waveguide with an inserted
movable conductor to change the guide wavelength λg. The phase can be
shifted by varying the wavelength. For the traveling wave system, only the
TE10 mode, which is the fundamental mode, is usually generated in the
rectangular waveguide. The λg for TE10 is expressed with the permittivity ε,
the permeability µ, the RF frequency f , and the width of the cross section
of the waveguide a [8].

29



λg =
2π√

(4π2f 2εµ)−
(
π
a

)2 (3.2)

In the case of 1.3 GHz RF frequency, the waveguide is the WR650 type.
The width a and height b of the cross section are 165.1 mm and 82.5 mm,
respectively. The minimal value of a is 115.3 mm, otherwise, the TE10 will be
cut off. The λg can be changed with a variation of a. The simplest approach
is to insert a movable conductive plate into the waveguide. Figure 3.8 shows
a plate type model of a variable phase shifter. In the simulated model, the
movable plate has a thickness of 1 mm, a height H and a Length L. The
thin plate will be moved along the width of the waveguide to change the
effective width. There are two reflection points in this variable phase shifter,
which are the start point and end point of the plate. The superposition of
the two reflected waves is the total reflection of the variable phase shifter.
The phase difference between the two reflected waves is dependent on the
length of the plate and the moving distance of the plate. Thus, the total
reflection changes when the plate is moved. Total reflection can be reduced
by judicious selection of the height and length of the plate.
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(a) Simulated model.
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(b) Front view.
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(c) Top view.

Figure 3.8: Model of the plate type variable phase shifter.

Figure 3.9 shows the simulated |S11| and S21 phase of the plate type
variable phase shifter. The height of plate (H) is chosen as 82.55mm, 70
mm, 60 mm, 50 mm and 40 mm. The length of plate (L) is optimized such
that the |S11| is less than -30 dB within the maximal moving range of the
plate. For the case when H is 82.55 mm, the height of the plate is the
same as the height of the waveguide. The effective width of the waveguide
decreases as the plate is moved towards the center of the waveguide. This
leads to a decrease in the propagation constant β and an increase of the
guide wavelength λg. Thus, the transmitted phase is increased as the plate
is moved toward the center of the waveguide. For the case when H is less
than 82.55 mm, the waveguide behaves similar to a coaxial cable as the plate
is moved towards the center of the waveguide. The propagation constant
of a coaxial cable is larger than that of a waveguide. However, the guide
wavelength of a coaxial cable is smaller than that of a waveguide. Thus, the
transmitted phase is decreased as the plate is moved towards the center of
the waveguide.
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(a) H=82.55 mm, L=159 mm. The trans-
mitted phase is shifted from 0.9° to 49.0°
and |S11| is less than -30 dB as the plate is
moved from 0.0 mm to 25.9 mm.
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(b) H=70 mm, L=187 mm. The trans-
mitted phase is shifted from 0.8° to −59.4°
and |S11| is less than -30 dB as the plate is
moved from 0.0 mm to 21.4 mm.
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(c) H=60 mm, L=168 mm. The trans-
mitted phase is shifted from 0.6° to −32.1°
and |S11| is less than -30 dB as the plate is
moved from 0.0 mm to 28.6 mm.
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(d) H=50 mm, L=159 mm. The trans-
mitted phase is shifted from 0.4° to −24.2°
and |S11| is less than -30 dB as the plate is
moved from 0.0 mm to 39.8 mm.
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(e) H=40 mm, L=156 mm. The trans-
mitted phase is shifted from 0.3° to −18.0°
and |S11| is less than -30 dB as the plate is
moved from 0.0 mm to 53.5 mm.

Figure 3.9: Simulated |S11| and S21 phase of the plate type variable phase
shifter.

Table 3.1 shows the simulated result of the plate type variable phase
shifter. When H is 82.55 mm, L is 159 mm to reduce the reflection. The
transmitted phase is shifted from 0.9° to 49° and |S11| is less than -30 dB as
the plate is moved from 0.0 mm to 25.9 mm. The phase shifted range is 48.1°
and the average phase shifted rate is 1.9 [◦/mm].
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When H is 70 mm, L is 187 mm to reduce the reflection. The transmitted
phase is shifted from 0.8° to −59.4° and |S11| is less than -30 dB as the plate
is moved from 0.0 mm to 21.4 mm. The phase shifted range is 60.2° and the
average phase shifted rate is 2.8 [◦/mm].

When H is 60 mm, L is 168 mm to reduce the reflection. The transmitted
phase is shifted from 0.6° to −32.1° and |S11| is less than -30 dB as the plate
is moved from 0.0 mm to 28.6 mm. The phase shifted range is 32.7° and the
average phase shifted rate is 1.1 [◦/mm].

When H is 50 mm, L is 159 mm to reduce the reflection. The transmitted
phase is shifted from 0.4° to −24.2° and |S11| is less than -30 dB as the plate
is moved from 0.0 mm to 39.8 mm. The phase shifted range is 24.6° and the
average phase shifted rate is 0.6 [◦/mm].

For the case when H is 40 mm, L is 156 mm to reduce the reflection. The
transmitted phase is shifted from 0.3° to −18.0° and |S11| is less than -30 dB
as the plate is moved from 0.0 mm to 53.5 mm. The phase shifted range is
18.3° and the average phase shifted rate is 0.3 [◦/mm].

Table 3.1: Simulated result of the plate type variable phase shifter.

H 82.55 mm 70 mm 60 mm
L 159 mm 187 mm 168 mm

Moving range ( |S11| ≤ −30dB) 25.9 mm 21.4 mm 28.6 mm
Phase shifted range 49.9° 60.2° 32.7°

Average phase shifted rate 1.9 [◦/mm] 2.8 [◦/mm] 1.1 [◦/mm]

H 50 mm 40 mm
L 159 mm 156 mm

Moving range ( |S11| ≤ −30dB) 39.8 mm 53.5 mm
Phase shifted range 24.6° 18.3°

Average phase shifted rate 0.6 [◦/mm] 0.3 [◦/mm]

The simulated results indicate that a decrease of H leads to a smaller
phase shifted range and a slower average phase shifted rate. Thus, it is
difficult to simultaneously achieve a large phase shifted range and a slow
average phase shifted rate for the plate type variable phase shifter. The
phase shift should not be too sensitive to the moving distance of the plate.
In the case of the compact LPDS, the phase shifted range is expected to
be more than 35°. In addition, an average phase shifted rate of less than 1
[◦/mm] is be a good parameter. The plate type variable phase shifter cannot
satisfy the requirements of the compact LPDS.

The fin type was developed to address this problem [9]. Figure 3.10
shows a model of the fin. The fin consists of one cylinder, two cones, and two
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hemispheres. The fin is symmetrical. There are multi-reflection planes on
the surface of the cone. Reflection can be reduced by optimizing the radius
of the top and bottom circle of the cone, in addition to the length of the
cone. The hemisphere is used to reduce the E-field. The simulated result for
the fin type variable phase shifter will be discussed in subsection 3.4.3.

Cylinder
Cone

Hemisphere

(a)

L2L1

R1
R2

(b)

Figure 3.10: Model of fin.

3.4.2 Design of Variable Hybrid

The hybrid is a 4-port RF component that can divide the input power from
one port to three ports. Figure 3.11 shows the basic model of hybrid. The
power is inputted from port-1 and outputted from port-2, port-3 and port-4.
Only the TE10 mode is generated in the four ports of the hybrid. There are
TE10 and TE20 modes in the central box of the hybrid [8]. L and W are the
length and width of the central box, respectively. For an ideal hybrid, no
power is transmitted from port-1 to port-4.

Port-1

Port-3Port-4

Port-2

TE10

TE10

TE10

TE10

L

W
TE10
&

TE20

Figure 3.11: Basic model of the hybrid.
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Figure 3.12 shows the wave within the hybrid. The incident wave with the
TE10 mode from port-1 and an amplitude of 2A is equal to the superposition
of two parts [21]. The first part is the incident wave with the TE10 mode
and an amplitude of A from port-1 and port-4 with the same phase. The
second part is the incident wave with the TE10 mode and an amplitude of A
from port-1 and port-4 with a phase difference of 180°. The first part will be
transformed to the TE20 mode with an amplitude of A in the central box.
The second part will maintain the TE10 mode with an amplitude of A in the
central box. The mixture of the TE10 mode and the TE20 mode will generate
the TE10 mode in port-2 and port-3, with a phase difference of 90°.
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Figure 3.12: Wave within the hybrid.

Based on the Fig. 3.12, the power dividing ratio from port-1 to port-2
and port-3 can be expressed.
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β10 and β20 are the propagation constants of the TE10 mode and TE20

mode, respectively. From equation 3.3, the phase difference between |S21|
and |S31| is 90°. The power dividing ratio is determined using θ.

The variable hybrid (VHB) is a type of hybrid that can change the power
dividing ratio. The power dividing ratio can be changed based on the vari-
ation of θ. Figure 3.13 shows the variation of β10 and β20 compared to W .
The variation rate between the propagation constant β and the width of the
waveguide W is different for the TE10 and TE20 modes. θ can be adjusted
by changing W . Thus, the power dividing ratio also changes.
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Figure 3.13: Variation of β10 and β20 compared to W .

As shown in section 3.2, one of the requirements is that the compact
LPDS as the input power source of each cavity should have a variation of
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±25% to achieve a maximal accelerating gradient. Table 3.2 shows the re-
quired adjusted range of the power coupling ratio (|S31|) for four variable hy-
brids (#VHB1 ∼ #VHB4) based on the power distributed margin of ±25%.
For the average power distributed condition, the power coupling ratios from
#VHB1 to #VHB4 are -6.99 dB, -6.02 dB, -4.77 dB, and -3.01 dB, respec-
tively. In the case of #VHB1, a power coupling ratio of -8.84 dB is calculated
as the power of #CAV1 is deviated by -25%, and the power of #CAV2 to
#CAV5 is deviated by +25%. The other value in the Table 3.2 can be cal-
culated using the same approach. Thus, the adjusted range of the power
coupling ratio (|S31|) of the variable hybrid should be from -8.84 dB to -2.04
dB.

Table 3.2: Required adjusted range of the power coupling ratio (|S31|) for
four variable hybrids (#VHB1 ∼ #VHB4) based on the power distributed
margin of ±25%.

|S31| Average -25% +25%
#VHB1 -6.99 dB (20.0%) -8.84 dB (13.0%) -5.31 dB (29.4%)
#VHB2 -6.02 dB (25.0%) -7.78 dB (16.7%) -4.47 dB (35.7%)
#VHB3 -4.77 dB (33.3%) -6.37 dB (23.1%) -3.42 dB (45.5%)
#VHB4 -3.01 dB (50.0%) -4.26 dB (37.5%) -2.04 dB (62.5%)

By considering the fin type variable phase shifter, a variable hybrid can
be designed. Figure 3.14 shows the model of a variable hybrid. Its length
is decreased from 1100 mm to 730 mm [9] [28]. Two identical metallic fins
are moved symmetrically, and two robs are used to support each fin. Four
identical metallic posts are set symmetrically in the variable hybrid to reduce
the reflection of each port. The shape of the two fins, and the position and
radius of the posts are optimized to reduce the reflection of each port and
the power transmitted from port-1 to port-4. The moving distance is defined
as the minimal distance between the cylinder of the fin and the wall of the
waveguide.
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Figure 3.14: Model of the variable hybrid.

Figure 3.15 shows the simulated S parameters of the variable hybrid. |S31|
is changed from -8.84 dB to -2.04 dB and |S21| is changed from -0.62 dB to
-4.31 dB as the fin is moved from 1.1 mm to 14.7 mm. The maximal |S11|
and |S41| are -30.00 dB and -29.60 dB respectively for this movement of the
fin.
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Figure 3.15: Simulated S parameter of the variable hybrid. The |S31| is
changed from -8.84 dB to -2.04 dB, |S11| is less than -30.00 dB and |S41| is
less than -29.60 dB as the fin is moved from 1.1 mm to 14.7 mm.

Figure 3.16 shows the simulated phase of S21 and S31 of the variable
hybrid. The maximal phase shift of S31 of the variable hybrid is 17.00° when
|S31| is adjusted from -2.04 dB to -4.26 dB for #VHB4.
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Figure 3.16: Simulated phase of S21 and S31 of variable hybrid. The maximal
phase shift is 17° while the |S31| is changed of ±25%.

Figure 3.17 shows the simulated phase difference between S21 and S31 of
variable hybrid. The phase difference between S21 and S31 is from 89.89°
to 90.04° while the fin is moved from 1.1 mm to 14.7 mm. The maximal
deviation between this phase difference and 90° is 0.11°.
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Figure 3.17: Simulated phase difference between S21 and S31 of variable hy-
brid.

Figure 3.18 shows the simulated maximal E-field of the variable hybrid
compared to the moving distance of the fin. The maximal E-field in the
variable hybrid is 0.93 MV/m while the fin is moved from 1.1 mm to 14.7
mm.
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Figure 3.18: Simulated maximal E-field of the variable hybrid compared to
the moving distance of the fin. The maximal E-field in the variable hybrid
is 0.93 MV/m while the fin is moved from 1.1 mm to 14.7 mm

Figure 3.19 shows the simulated E field in the variable hybrid. The power
dividing ratio is changed as the fin is moved. The phase difference between
the output signal of port-2 and port-3 is approximately 90°. The position of
the maximal E field in the variable hybrid is in the vicinity of the post and
the fin near the input port.
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Figure 3.19: Simulated E field in the variable hybrid.

Table 3.3 shows the simulated S parameter of the variable hybrid. The
simulated result of the variable hybrid can satisfy the requirements of the
compact LPDS.

Table 3.3: Simulated S parameter of the variable hybrid.

Length 730 mm
Moving range of fin 1.1 mm ∼ 14.7 mm

|S31| -8.84 dB ∼ -2.04 dB
|S21| -0.62 dB ∼ -4.31 dB

Maximal |S11| -30.00 dB
Maximal |S41| -29.60 dB

Maximal phase shift of S31 17.00°
Phase difference between S21 and S31 89.89° ∼ 90.04°

Maximal E-field 0.93 MV/m
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3.4.3 Design of the Variable Phase shifter

The variable phase shifter of the compact LPDS is designed to compensate
for the phase shift of the variable hybrid. This phase shift of the variable
hybrid is 17°. Considering a margin of 15°, the required phase shifted length
of the variable phase shifter is at least 32°. The reflection of the variable
phase shifter is expected to be less than -30 dB. Table 3.4 summarizes the
requirements of the variable phase shifter.

Table 3.4: Requirement of the variable phase shifter.

Phase shifted range ≥ 32°
Reflection ≤ -30 dB

The design of the fin type variable phase shifter is presented in subsection
3.4.1. Figure 3.20 shows the simulated model of the variable phase shifter.
The geometric length of this variable phase shifter decreased from 600 mm
(ILC-TDR) to 300 mm [9] [28]. One metallic fin is supported by two metallic
robs. The fin is moved to shift the transmitted phase. The shape of the fin
is optimized to extend the phase shifted range and reduce reflection.

300 mm

(a) Simulated model.

300

1
6
5
,
1

Moving distance

(b) Top view

Figure 3.20: Model of the variable phase shifter.

Figure 3.21 shows the simulated transmitted phase (S21) and reflection
(|S11|) of the variable phase shifter. The transmitted phase is shifted from
35.9° to −1.9° and the reflection is less than -30.00 dB as the fin is moved
from 0.0 mm to 46.0 mm. The phase shifted length is 37.8°.
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Figure 3.21: Simulated transmitted phase (S21) and reflection (|S11|) of the
variable phase shifter. The transmitted phase is shifted from 35.9° to −1.9°
and the reflection is less than -30.00 dB as the fin is moved from 0.0 mm to
46.0 mm.

Figure 3.22 shows the simulated maximal E-field of the variable phase
shifter compared to the moving distance of the fin. The maximal E-field is
1.08 MV/m while the fin is moved from 0.0 mm to 46.0 mm.
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Figure 3.22: Simulated maximal E-field of the variable phase shifter com-
pared to the moving distance of fin. The maximal E-field in the variable
phase shifter is 1.08 MV/m while the fin is moved from 0.0 mm to 46.0 mm

Figure 3.23 shows the simulated E-field in the variable phase shifter. The
phase is shifted as the fin is moved. The position of the maximal E-field in
the variable hybrid is in the vicinity of the fin when it is closed to the center
of the waveguide.
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(a) E-field. Fin is moved 0.0 mm. Maximal
E-field is 0.55 MV/m.

(b) E-field. Fin is moved 46.0 mm. Maxi-
mal E-field is 1.08 MV/m.

(c) Magnitude of E-field. Fin is moved 0.0
mm.

(d) Magnitude of E-field. Fin is moved 46.0
mm.

Figure 3.23: Simulated E-field in the variable phase shifter.

Table 3.5 shows the simulated S parameter of the variable phase shifter.
The simulated result of this variable phase shifter can satisfy the requirements
of the compact LPDS.

Table 3.5: Simulated S parameter of the variable phase shifter.

Length 300 mm
Moving range of fin 0.0 mm ∼ 46.0 mm
Phase shift range 35.9° ∼ −1.9°
Phase shift length 37.8°

Maximal |S11| -30.00 dB
Maximal E-field 1.08 MV/m

As shown in Fig. 3.21, the magnitude of the reflection is increased to more
than -30.00 dB when the transmitted phase is decreased to less than −1.9°.
Usually, the reflection of the manufactured components is higher compared
to the simulated results. Thus, the phase range of the variable phase shifter
is 17.5° with a variation of ±17.5°. Based on the phase range of the variable
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phase shifter and the shifted phase of the variable hybrid, the phase margin of
the variable phase shifter can be calculated in detail. This phase margin can
compensate for the phase difference between the connected RF components
of different cavities such as the circulator, bellow, and input coupler. It
can also compensate for the phase difference between the simulated and the
manufactured components for the compact LPDS. Thus, this phase margin
corresponds to the required uniformity of the phase for the compact LPDS.
Table 3.6 displays the phase margin of the variable phase shifter.

Table 3.6: Phase margin of the variable phase shifter.

Simulated phase margin
#VPS1 −11.86° ∼ 10.44°
#VPS2 −11.06° ∼ 10.12°
#VPS3 −10.21° ∼ 9.65°
#VPS4 −9.27° ∼ 8.79°
#VPS5 −17.5° ∼ 17.5°

3.4.4 Design of Fixed Phase shifter

For the average power distributed condition, the power transmitted to each
cavity is adjusted by the variable hybrid to be equal. The variable phase
shifter is set to the center of the phase shift range. In this case, the fixed
phase shifter is designed to adjust the phase difference between adjacent
cavities as 90°. Figure 3.24 shows the fixed phase shifter for downstream and
upstream of the compact LPDS.
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Figure 3.24: Fixed phase shifter for downstream and upstream of the compact
LPDS.

The center of the phase range of variable phase shifter is 17.5°. Table
3.7 shows the simulated S parameters of eight variable hybrids (#VHB1 ∼
#VHB8) for the average power distributed condition. The required phase of
the fixed phase shifter can be calculated based on the phase of the variable
phase shifter and the variable hybrid. Tab 3.8 shows the required phase
of eight fixed phase shifters. The lengths of the variable hybrid and the
variable phase shifter are 730 mm and 300 mm respectively. Considering the
geometric length between adjacent cavities of 1326 mm, the length of the
fixed phase shifter should be 296 mm or 1026 mm.
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Table 3.7: Simulated S parameters of eight variable hybrids (#VHB1 ∼
#VHB8) for the average power distributed condition.

|S31| Position of fin S21 phase S31 phase
#VHB1&5 -6.99 dB (20.0%) 2.8 mm 162.84° −107.17°
#VHB2&6 -6.02 dB (25.0%) 4.0 mm 159.04° −110.99°
#VHB3&7 -4.77 dB (33.3%) 6.0 mm 153.33° −116.74°
#VHB4&8 -3.01 dB (50.0%) 10.4 mm 142.40° −127.62°

Table 3.8: Required phase of eight fixed phase shifters (#FPS1 ∼ #FPS8).

Phase Length
Downstream LPDS #FPS1 −86.52° 296 mm

#FPS2 −80.79° 296 mm
#FPS3 −69.95° 296 mm
#FPS4 98.68° 1026 mm

Upstream LPDS #FPS5 93.48° 296 mm
#FPS6 99.21° 296 mm
#FPS7 110.05° 296 mm
#FPS8 −81.32° 1026 mm

The guide wavelength λg of the TE10 mode in the waveguide is determined
by the width of the waveguide. Thus, the phase of the waveguide can be
changed according to the width of the waveguide. The simplest approach
designing the fixed phase shifter is to change the width W of the waveguide.
The phase of the 296 mm straight waveguide is 29.27° for the WR650 type.
Figure 3.25 shows the two models of the fixed phase shifters. L and W are
the length and width of the waveguide with variable width, respectively. The
narrow fixed phase shifter has the narrow part of the waveguide. Within the
narrow part, W is reduced, and λg is increased. Thus, the phase is increased.
The phase of the narrow fixed phase shifter is greater than 29.27°. The wide
fixed phase shifter includes wide part of the waveguide. Within the wide
part, W is increased, and λg is reduced. Thus, the phase is reduced. The
phase of the wide fixed phase shifter is smaller than 29.27°.
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Figure 3.25: Two models of fixed phase shifters (FPS).

As shown in Fig. 3.25, there are two reflected waves existed in the fixed
phase shifter. The phase difference between the two reflected waves is de-
termined by L and W . The superposition of these two reflected waves can
lead to cancellation by optimizing L and W . Thus, the reflection of the fixed
phase shifter can be reduced. To ensure that only TE10 is generated in the
fixed phase shifter, W should have a range from 115 mm to 230 mm. Consid-
ering the thickness of the wall of the waveguide and the space of the flanges,
L should be less than 220 mm for a 296 mm fixed phase shifter. Figure 3.26
shows the relationship between L and ∆W , and the minimal reflection for
the 296 mm fixed phase shifter. ∆W = W − 165.1mm. ∆W can only be
changed from -42 mm to 45 mm due to the limit of L. The minimal reflection
is less than -58.0 dB for the optimized fixed phase shifter. The optimized L
is very sensitive to ∆W when ∆W is decreased to -42 mm. Thus, W cannot
be very low for the narrow fixed phase shifter. In addition, the margin of
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L is decreases with an increase of |∆W | such that |S11| is less than -30.0
dB. Figure 3.27 shows the simulated transmitted phase compared to ∆W
for the optimized 296 mm fixed phase shifter. For the optimized fixed phase
shifter, the phase can be shifted from −5.74° to 229.98°. Table 3.9 displays
the simulated result for the optimized 296 mm fixed phase shifter.
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Figure 3.26: Relationship between L and ∆W , and the minimal reflection
for the 296 mm fixed phase shifter. The variable range of ∆W is from -42
mm to 45 mm due to the limit of L.
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Figure 3.27: Simulated transmitted phase (∠S21) compared to ∆W for the
optimized 296 mm fixed phase shifter. ∆W = W − 165.1mm.

Table 3.9: Simulated result for the optimized 296 mm fixed phase shifter

∆W -42 ∼ 45 mm
S11 < -58.0 dB
∠S21 229.98° ∼ −5.74°

For the required phase of the 296 mm fixed phase shifter shown in Table
3.8, #FPS5∼7 for the upstream compact LPDS can be realized using the
narrow fixed phase shifter. Figure 3.28 shows the simulated model for the
upstream compact LPDS for five cavities. Three 296 mm fixed phase shifters
and one wide fixed phase shifter of 1,026 mm are used for the compact LPDS
for five cavities. Table 3.10 displays the designed parameters of the fixed
phase shifter for the compact LPDS for five cavities.
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#C7 #C8 #C9 #C10#C6 LoadLoadLoadLoad

#FPS8#FPS7#FPS6#FPS5

#VHB8#VHB7#VHB6#VHB5
Input

#VPS8 #VPS9#VPS7#VPS6 #VPS10

Figure 3.28: Simulated model for the upstream compact LPDS for five cavi-
ties.

Table 3.10: Designed parameters of the fixed phase shifter for the upstream
compact LPDS for five cavities.

Length ∆W L Sim. Phase Req. Phase
#FPS5 296 mm -30.0 mm 173.6 mm 93.14° 93.48°
#FPS6 296 mm -31.2 mm 178.0 mm 99.10° 99.21°
#FPS7 296 mm -33.1 mm 186.2 mm 110.03° 110.05°
#FPS8 1026 mm 17.0 mm 184.4 mm −81.66° −81.32°

However, the #FPS1∼3 cannot be realized by the narrow or wide fixed
phase shifter. One possible solution is to use a wide fixed phase shifter with
an additional straight waveguide with a specific length. Figure 3.29 shows the
simulated model for the downstream compact LPDS for five cavities. Three
identical 296 mm wide fixed phase shifters are used to reduce the production
cost. Table 3.11 displays the designed parameters of the fixed phase shifter
for the downstream compact LPDS for five cavities. L and ∆W for the
wide fixed phase shifter are 205.0 mm and 39.0 mm, respectively, and the
transmitted phase is −1.09°. Table 3.12 displays the length of additional
straight waveguide for the downstream compact LPDS for five cavities.

#WG1#WG3 #WG2

#C4 #C3 #C2 #C1#C5 LoadLoadLoadLoad

#FPS1#FPS2#FPS3#FPS4

#VHB1#VHB2#VHB3#VHB4
Input

#VPS2 #VPS1#VPS3#VPS4#VPS5

Figure 3.29: Simulated model for the downstream compact LPDS for five
cavities.
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Table 3.11: Designed parameters of the fixed phase shifter for the downstream
compact LPDS for five cavities.

Length ∆W L Sim. Phase
#FPS1&2&3 296 mm 39.0 mm 205.0 mm −1.09°

#FPS4 1026 mm 30.0 mm 480.6 mm −131.22°

Table 3.12: Length of additional straight waveguide for the downstream com-
pact LPDS for five cavities.

#WG1 38 mm
#WG2 73 mm
#WG3 103 mm

3.5 Simulation of compact LPDS

After the design of the variable hybrid, the variable phase shifter and the
fixed phase shifter, the compact LPDS can be evaluated via simulation. Fig-
ure 3.30 shows the simulated E-field of the downstream compact LPDS for
five cavities and the average power distributed condition. In this case, the
simulated power transmitted to each cavity is in the range of -6.96 dB to
-7.10 dB, and close to each other. The total power transmitted to the five
cavities is 98.64% of the input power. In addition, the simulated phase of
each cavity is deviated from the target value by less than 0.7°. The reflection
to the input of the compact LPDS is -26.16 dB. The maximal E–field in this
system is 0.62 MV/m, with an input power of 1.3 MW. Table 3.13 displays
the simulated result of the downstream compact LPDS for five cavities under
the average power distributed condition.

#WG1#WG3 #WG2

#C4

-7.08 dB

270.27°

#C3

-7.04 dB

179.92°

#C2

-7.10 dB

90.06°

#C1

-7.07 dB

0°

#C5

-6.96 dB

360.64°

LoadLoadLoadLoad

#FPS1#FPS2#FPS3#FPS4

#VHB1#VHB2#VHB3#VHB4
Input

#VPS2 #VPS1#VPS3#VPS4#VPS5

Reflection:

-26.16 dB

Figure 3.30: Simulation of downstream compact LPDS for the five cavities
under the average power distributed condition.
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Table 3.13: Simulated result of the downstream compact LPDS for five cav-
ities under the average power distributed condition.

#C5 #C4 #C3 #C2 #C1
target phase 360° 270° 180° 90° 0°
Sim. phase 360.64° 270.27° 179.92° 90.06° 0°
Sim. power -6.96 dB -7.08 dB -7.04 dB -7.10 dB -7.07 dB

5 cavities’ power 98.64%
Reflection to input -26.16 dB
Maximal E–field 0.62 MV/m (1.3 MW)

Figure 3.31 shows the simulated E-field of the upstream compact LPDS
for five cavities under the average power distributed condition. In this case,
the simulated power transmitted to each cavity is in the range of -6.99 dB
to -7.12 dB and close to each other. The total power transmitted to the five
cavities is 98.71% of the input power. In addition, the simulated phase of
each cavity is deviated from the target value by less than 0.5°. The reflection
to the input of the compact LPDS is -30.66 dB. The maximal E–field in this
system is 0.63 MV/m, with an input power of 1.3 MW. Table 3.14 displays
the simulated result of the upstream compact LPDS under the five cavities
in average power distributed condition.
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Figure 3.31: Simulation of the upstream compact LPDS for five cavities
under the average power distributed condition.
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Table 3.14: Simulated result of the upstream compact LPDS for five cavities
under the average power distributed condition.

#C6 #C7 #C8 #C9 #C10
target phase 0° −90° −180° −270° −360°
Sim. phase 0° −90.28° −180.40° −270.41° −360.30°
Sim. power -7.04 dB -7.04 dB -6.99 dB -7.12 dB -7.04 dB

5 cavities’ power 98.71%
Reflection to input -30.66 dB
Maximal E–field 0.63 MV/m (1.3 MW)

The simulated results indicate that both upstream and downstream of
the compact LPDS can realize the average power distributed condition and
adjust the phase difference between adjacent cavities for 90°. The maximal
E–field in the compact LPDS is 0.63 MV/m, with an input power of 1.3 MW,
which is less than 25% of 3 MV/m (breakdown field in air) [27].
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Chapter 4

Probabilistic Analysis of
Compact LPDS

In the previous chapter, ±25% variation of the input power of the cavity
is proposed to satisfy the ±20% variation of the accelerating gradient of
the cavity, based on the situation of optimal tuning. In this chapter, the
probabilistic analysis of the compact LPDS will be introduced for equal QL

and PkQL control [20]. In the case of the 250 GeV ILC, the quantity of the
SC cavity is approximately 8,000. Thus, the simulated random events of 107

are determined to evaluate the feasibility of the compact LPDS.

4.1 Probabilistic Analysis for equal QL

In this section, the probabilistic analysis of the compact LPDS is based on
the equal QL. As previously mentioned, the accelerating gradient of the SC
cavity for the ILC is 31.5 MV/m, with a variation of ±20%, depending on the
cavity’s performance. The uniform distribution of the accelerating gradient
from 25.2 MV/m to 37.8 MV/m is taken into account. Figure 4.1 shows the
uniform distribution of the accelerating gradient of the SC cavity for the ILC.
In the case of an accelerating gradient of 31.5 MV/m and a beam current of
5.8 mA, the optimal loaded QL is calculated to be 5.44× 106 from equation
(B.17). This QL of 5.44× 106 is used for the analysis in this section.
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Figure 4.1: Uniform distribution of the accelerating gradient of the SC cavity
for the ILC. The Eacc is distributed from 25.2 MV/m to 37.8 MV/m.

When the beam is accelerated on the crest of the RF field, the generator
power of the SC cavity is [17]

Pg =
V 2
cav

4QL

(
r
Q

)

1 +

(
r
Q

)
QLIb0

Vcav

2

+

[
∆f

f

]2 (4.1)

The bandwidth f1/2 of the SC cavity is calculated of 120 Hz.

f1/2 =
f

2QL

(4.2)

During long time beam operation, the detuning of the SC cavity ran-
domly deviates from 0 Hz [19]. The required generator power is increased
to maintain the maximal accelerating gradient if detuning occurs. Thus, de-
tuning should be controlled within a maximal detuning range ∆fmax based
on the feedback of the Low Level RF Control System (LLRF). The uniform
distribution of detuning from −∆fmax to ∆fmax is considered. Referring to
the ILC-TDR, the total input power Psum of 39 cavities is less than 8.25 MW
due to the power loss of the PDS and the overhead of the LLRF control. Ta-
ble 4.1 displays the covered probability of the 10 MW MBK for the case of
detuning. Considering that the number of RF stations is approximately 236,
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the ∆fmax should be less than 45 Hz to ensure that the 10 MW MBK can
supply enough power for all the SC cavities. Figure 4.2 shows the distribu-
tion of the generator power for one cavity (Pg) and 39 cavities (Psum) with a
maximal detuning of ±45 Hz. In the case of detuning within ±45 Hz, Pg is
distributed from 153.6 kW to 239.4 kW and Psum is distributed from 6.800
MW to 8.303 MW.

Table 4.1: Covered probability of the 10 MW MBK for the case of detuning.
Detuning is uniformly distributed from −∆fmax to ∆fmax. Psum is the total
input power of the 39 cavities, which should be less than 8.25 MW. QL =
5.44× 106.

∆fmax Psum ≤ 8.25 MW
0 Hz 100.00%
25 Hz 100.00%
40 Hz 99.81%
45 Hz 99.70%
50 Hz 99.50%
55 Hz 99.16%
60 Hz 98.59%
65 Hz 97.62%
70 Hz 96.08%
75 Hz 93.64%
100 Hz 59.93%
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(a) Generator power for one cavity (Pg). Pg is distributed from 153.6 kW to 239.4 kW.
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(b) Generator power for 39 cavity (Psum). Psum is distributed from 6.800 MW to 8.303
MW.

Figure 4.2: Distribution of the generator power for one cavity and 39 cavities
with a maximal detuning of ±45 Hz.

Table 4.2 displays the covered probability of the four variable hybrids of
the compact LPDS for the case of detuning. If detuning is controlled within
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±125 Hz, the four variable hybrids can adjust the input power of all the
cavities to the required level.

Table 4.2: Covered probability of the four variable hybrids of the compact
LPDS for the case of detuning. Detuning is uniformly distributed from
−∆fmax to ∆fmax. QL = 5.44× 106.

∆fmax

Covered probability
|S31|-#VHB1 |S31-#VHB2 |S31-#VHB3 |S31|-#VHB4
-8.85 -5.31 dB -7.78 -4.47 dB -6.37 -3.42dB -4.26 -2.04dB

0 Hz 100.00% 100.00% 100.00% 100.00%
25 Hz 100.00% 100.00% 100.00% 100.00%
50 Hz 100.00% 100.00% 100.00% 100.00%
75 Hz 100.00% 100.00% 100.00% 100.00%
100 Hz 100.00% 100.00% 100.00% 99.90%
125 Hz 99.99% 99.96% 99.96% 99.87%
150 Hz 99.82% 99.68% 99.28% 97.57%

In the case of the same QL(5.44 × 106) for the 39 cavities, taking into
account the total power for the 39 cavities and the available power divid-
ing ratio of the variable hybrids, the detuning of the SC cavities should be
controlled within ±45 Hz using the feedback of the LLRF system to satisfy
the required power for each cavity. Figure 4.3 shows the distribution of the
coupling ratio of the four variable hybrids in the case of detuning within ±45
Hz. Furthermore, considering the phase shift of the cavity caused by detun-
ing and a phase margin of 15° for the variable phase shifter, the tolerance
of detuning should be controlled within ±16 Hz (the bandwidth of the SC
cavity is 120 Hz) for the same QL operation.
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Figure 4.3: Distribution of the coupling ratio of four variable hybrids in the
case of detuning within ±45 Hz.

4.2 Probabilistic Analysis for PkQL control

In this section, the probabilistic analysis of the compact LPDS is based on
PkQL control [20]. In the case of PkQL control, the loaded quality factor
QL of each cavity is adjusted based on its maximal accelerating gradient to
maintain the flattop of the accelerating field. The simplest assumption that
operate on resonance (0 Hz detuning) is took in account in the discussion of
this section. Figure 4.4 shows the relationship between the loaded quality
QL, generator power Pg, and the accelerating gradient Eacc for PkQL control
(injection time Tinj is 924 µs and beam current Ib0 is 5.8 mA). The QL for
PkQL control can be determined from the following equation [20]

Vcav(flat) = Eacc · l = Ib0

(
r

Q

)
QL

(
e
Tinjω0
2QL − 1

)
(4.3)
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Figure 4.4: Relationship between loaded quality QL, generator power Pg and
accelerating gradient Eacc for PkQL control. Tinj = 924 µs. Ib0 = 5.8 mA.

For PkQL control, a lower loaded quality QL is required for a cavity with
a higher accelerating gradient, which leads to a narrower bandwidth. The
wider tolerance of detuning is due to the narrower bandwidth for the cavity
with a higher accelerating gradient. Considering the highest accelerating
field of 37.8 MV/m, the loaded quality QL and bandwidth f1/2 are 3.68×106

and 177 Hz, respectively. The maximal tolerance of detuning is ±23 Hz for
a cavity of with an accelerating field of 37.8 MV/m.

The Eacc is also considered as a uniform distribution with a center of
31.5 MV/m and a fluctuation of ±20%. Figure 4.5 shows the distribution
of QL for PkQL control. The simulated QL is distributed from 3.68× 106 to
1.35× 107.
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Figure 4.5: Distribution of QL for PkQL control. Eacc has uniform distribu-
tion with center of 31.5 MV/m and a fluctuation of ±20%. QL is distributed
from 3.68× 106 to 1.35× 107.

Figure 4.6 shows the distribution of the generator power for one cavity
(Pg) and 39 cavities (Psum) for PkQL control. In the case of PkQL control,
the Pg is distributed from 178.6 kW to 247.1 kW and the Psum is distributed
from 7.250 MW to 8.506 MW. The generator power for one cavity at 178.6
kW has the maximal probability. As previously indicated, the maximal input
power of the 39 cavities is 8.25 MW. The probability that Psum is less than
8.25 MW is 99.96%. Thus, it can be concluded that the 10 MW MBK can
supply sufficient power for 39 cavities for PkQL control.
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(a) Generator power for one cavity (Pg). Pg is distributed from 178.6 to 247.1 kW.
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Figure 4.6: Distribution of generator power for one cavity and 39 cavities for
PkQL control.

Figure 4.7 shows the distribution of the coupling ratio of four variable
hybrids for PkQL control. In the case of PkQL control, the four variable
hybrids can adjust the input power of the cavity to the required level with

66



a probability of 100%. Table 4.3 displays the distributed range and the
probability associated with compact LPDS for PkQL control.
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Figure 4.7: Distribution of coupling ratio of four variable hybrids for PkQL

control.

Table 4.3: Distributed range and probability associated with compact LPDS
for PkQL control.

Distributed range
Min Max

Eacc 25.2 MV/m 37.8 MV/m
QL 3.68× 106 1.35× 107

Pg for one cavity 178.6 kW 247.1 kW
Pg for 39 cavities 7.25 MW 8.51 MW

Distributed Probability
Pg for 39 cavities (≤ 8.25 MW) 99.96%

#VHB1 (-8.85 ∼ -5.31 dB) 100.00%
#VHB2 (-7.78 ∼ -4.47 dB) 100.00%
#VHB3 (-6.37 ∼ -3.42 dB) 100.00%
#VHB4 (-4.26 ∼ -2.04 dB) 100.00%
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In this chapter, the simulated probability of compact LPDS is introduced
based on the assumption of ±25% adjusted variation of the input power of
the cavity. For the same QL operation, the detuning should be controlled
within ±16 Hz to ensure that the 10 MW MBK supplies sufficient power for
39 cavities. All the cavities are operated at the maximal accelerating gradient
and with a variable phase shifter to compensate for the phase shift due to
detuning. For PkQL control with detuning of 0 Hz, the same simulated result
is achieved and a wider tolerance of detuning is adopted for a cavity with a
higher accelerating gradient. In the case of the highest accelerating field of
37.8 MV/m, the loaded quality QL and maximal tolerance of detuning are
3.68× 106 and ±23 Hz, respectively. It is concluded that the ±25% adjusted
variation of the input power of the cavity is an appropriate value for the
operation of the SC cavity with a maximal accelerating gradient for the
limited detuning of the SC cavity. The introduction, design, and simulation
of the compact LPDS have been presented. The test of the RF components
and compact LPDS will be introduced in the following chapters.
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Chapter 5

Design and Operation of
L-band Resonant Ring

In this chapter, the construction of L-band resonant ring in the STF is dis-
cussed including the theory, low power test, and high power operation of the
resonant ring. The test plan of the RF components using resonant ring is
also developed.

5.1 Motivation behind L-band Resonant Ring

The maximal input power of the RF components of the compact LPDS is
approximately 1.3 MW with a pulse width of 1.65 ms and a repetition rate
of 5 Hz. Considering the worst condition of total reflection, the E-field may
be double and the power may be quadrupled, with a value of 5.2 MW. Thus,
the power handling capability of the RF components should be 5.2 MW.
A 5.2 MW circulator is difficult to manufacture due to the arcing problem.
Although the 10 MW multi-beam klystron is installed in the STF, it cannot
be used as the power source to directly test the RF components without the
use of the circulator to protect the klystron from possible reflected power.

A resonant ring is commonly used in high power test of RF components
due to its power amplification property [22]. An 800 kW modulated-anode
klystron (CETD Co., Ltd. E37501) was developed in the STF, and is em-
ployed in the distributed RF system for the ILC. A 500 kW circulator was
also manufactured. If the power gain of the resonant ring is more than a
factor of 10, 5.2 MW circular power can be generated in the resonant ring
using the 800 kW klystron as a power source and the 500 kW circulator to
protect the 800 kW klystron from possible reflection.
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5.2 Theory of Resonant Ring

The resonant ring is a closed loop of a waveguide system that can amplify
power [22]. Figure 5.1 shows the basic structure of such a ring. It consists of
a power source, hybrid, dummy load, and is a specific length of the waveguide
system.
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b3
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b2

12

43

k2
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Power 

Source
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Dummy 

Load

Figure 5.1: Basic structure of resonant ring.

The amplitude of the signal input to the hybrid is a1 ∼ a4 and the am-
plitude of the signal output from the hybrid is b1 ∼ b4. The relationship
between the input and output signals of the hybrid is

[b] = [S][a] (5.1)

The scattering matrix of the hybrid is [S]. If the hybrid is assumed to be
lossless and symmetrical, [S] is

[S] =


0 k1 jk2 0
k1 0 0 jk2
jk2 0 0 k1
0 jk2 k1 0

 (5.2)
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The transmitted and coupling coefficients of hybrid at voltage are k1 and
k2, respectively. For energy conversation, k1 and k2 have the relationship

k1
2 + k2

2 = 1 (5.3)

For the simple assumption that no reflection occurs in the resonant ring,
this implies that b1 = a2 = a3 = b4 = 0. Considering the scattering matrix,
b3 can be calculated as

b3 = jk2a1 + k1a4 (5.4)

Considering the circular region of the resonant ring from plane 3 to plane
4, the attenuation coefficient is α, the propagation constant is β and the
geometric length of the circular region is L. The transmitted coefficient A
can be expressed as

A = e−αLe−jβL (5.5)

The a4 can be calculated from b3 using the transmitted coefficient A

a4 = A× b3 = b3e
−αLe−jβL (5.6)

Using the result for the scattering matrix and the transmitted coefficient,
the b3 is

b3 = jk2a1 + k1b3e
−αLe−jβL ⇒ (1− k1e−αLe−jβL)b3 = jk2a1 (5.7)

The power gain G is

G =
|b3|2

|a1|2
=

k2
2

1 + k21e
−2αL − 2k1e−αL cos(βL)

(5.8)

The power gain can reach a maximal value when the one turn phase
has the relationship βL = 2Nπ, where N is an integer. This means that
a superposition of multiple signals in the circular region is at the optimum
condition. Thus the maximal power gain Gmax is given by [23]

Gmax =
k2

2

1 + k21e
−2αL − 2k1e−αL

=
1− k21

(1− k1e−αL)2
(5.9)

If the transmitted coefficient k1 is a variable that corresponds to the
variable hybrid, the eventual maximal power gain G

′
max can be achieved when

k1 is adjusted to be consistent with one turn attenuation of the amplitude of
the wave e−αL, or the square root of the one turn power loss Pl
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k1 = e−αL =
√
Pl

⇒ G
′

max =
1− k21

(1− k1e−αL)2
=

1

1− e−2αL
=

1

1− Pl
(5.10)

Based on accumulation, the same result can be deduced. w(n) is the wave
at the nth turn in the circular region and I is the input wave from the power
source. The simulation of the forward power in the resonant ring is based on
the calculation of accumulation.

w(n) = k1Aw
(n−1) + jk2I

= jk2I[1 + (k1A) + · · ·+ (k1A)(n−1)]

= jk2I
1− (k1A)n

1− (k1A)

n⇒∞−−−→ jk2I

1− (k1A)

G =
|w(n)|2

|I|2
=

k22
|1− k1A|2

=
k2

2

1 + k21e
−2αL − 2k1e−αL cos(βL)

(5.11)

5.3 Low Power Test of Resonant Ring

To predict the power gain of the resonant ring, a model was constructed
in the STF to perform low power tests. Figure 5.2 shows the construction
process and an image of the L-band resonant ring used for low power test.
The 500 W solid state amplifier is used as the power source. Figure 5.3
shows the RF components of the L-band resonant ring for low power tests.
There are two coupling output ports on the circulator to facilitate forward
and backward monitoring in the waveguide. Thus, a directional coupler is
not required in the circular region. The 850 mm variable hybrid is used to
change the coupling ratio from the power source to the resonant ring. The
transmitted coefficient at a power of k21 can be adjusted from -0.06 dB to
-6.29 dB, and the coupling coefficient at a power of k22 can be adjusted from
-23.68 dB to -1.23 dB. The 500 mm phase shifter is installed to adjust the
one turn phase of the resonant ring to optimize the condition. The maximal
adjustment phase range of the phase shifter is 73.71° and the power loss is
-0.03 dB.
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(a) Construction. (b) Image.

Figure 5.2: Construction process and image of L-band resonant ring used for
low power test.

(a) Circulator. (b) 850 mm variable hybrid. (c) 500 mm phase shifter.

Figure 5.3: RF components of L-band resonant ring for low power tests.

The power loss of the circular region was determined to be -0.21 dB
using network analyzer. A simulation was then performed based on the
measured power loss. Figure 5.4 shows the measured and simulated power
gain compared to the transmitted coefficient k21. On the simulated curve, the
power gain has a maximal value of 13.3 dB when k21 is equal to the power
loss of -0.21 dB. On the measured curve, the maximal power gain is 14.1
dB when k21 is -0.25 dB. The calculated power loss is -0.17 dB with a power
gain of 14.1 dB and k21 of -0.25 dB. The calculated power loss is close to the
measured value. The difference in power gain between the measurement and
simulation may be due to the measured error of the power loss of the circular
region. The power gain decreases rapidly when k21 is larger than the power
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loss Pl. Based on the simulation and measurement, the power gain of the
L-band resonant ring can be more than 13 dB. A circular power of 5.2 MW
can be achieved using an input power of 260 kW, which is available to the
800 kW klystron installed in the STF.
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Figure 5.4: Measured and simulated power gain compared to the transmitted
coefficient k21. Maximal simulated power gain is 13.3 dB when k21 is -0.21 dB.
Maximal measured power gain is 14.1 dB when k21 is -0.25 dB.

Figure 5.5 shows the measured and simulated power gain compared to
the phase difference relative to the optimal condition. A phase difference of
0° corresponds to the maximal power gain. The 3 dB bandwidth is 5.4° for
the simulation and 4.0° for the measurement. The phase shifter is effective
and necessary to adjust the resonant ring.
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Figure 5.5: Measured and simulated power gain compared to the phase dif-
ference relative to the optimal condition. The simulated 3 dB width is 5.4°.
The measured 3 dB width is 4.0°.

Figure 5.6 and Figure 5.7 show the measured and simulated downstream
power divided by the input power. The downstream power is the power deliv-
ered to the dummy load. The measurement is consistent with the simulated
result. The downstream power is very low when the resonant ring is operated
near the optimal condition, which means that almost all the input power is
stored and dissipated in the circular region of the resonant ring.
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Figure 5.6: Measured and simulated power gain compared with the trans-
mitted coefficient k1
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Figure 5.7: Measured and simulated downstream power divided by input
power compared with the phase difference from optimal condition.

Based on the previous test with low power, the behavior of the L-band
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resonant ring is consistent with the simulated result and power gain is demon-
strated. In the plan involving high power operation at 5.2 MW, the resonant
ring is expected to be pressurized with SF6 of one atmosphere to prevent
arcing [24]. The variable hybrid and variable phase shifter are not the pres-
surized type. The 11 dB hybrid is already manufactured, and the pressurized
variable phase shifter is under production. The resonant ring is re-built for
the 11 dB hybrid and without a variable phase shifter for low power test.
The geometric length of the resonant ring is adjusted to be close to that
at the optimal condition at a frequency of 1.3 GHz. It is possible to shift
the operating frequency at approximately 1.3 GHz to precisely adjust the
resonant ring at the optimal condition. Figure 5.8 shows the construction
details and an image of resonant ring with the pressurized components. Five
signals are measured. The ‘Pf’ and ‘Pb’ are the forward and backward power
in the resonant ring. The ‘Input’ and ‘Input-r’ are the input power of the
resonant ring and the reflected power from the resonant ring to the power
source. The ‘Downstream’ is the power delivered to the dummy load after
the 11 dB hybrid. Figure 5.9 shows the measured and simulated power ratio
to the input power of the resonant ring compared to the operating frequency.
The maximal power gain is 12.23 dB at a frequency of 1.2995 GHz, and the
corresponding power ratio to input of ‘Pb’, ‘Downstream’ and ‘Input-r’ are
-14.73 dB, -12.43 dB and -34.01 dB respectively. The calculated maximal
power gain is 13.1 dB, with a measured one turn power loss of -0.14 dB [25].
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(a) Construction. k21 is -0.41 dB and k22 is -
11.17 dB.

(b) Image

Figure 5.8: Construction details and image of the resonant ring with pres-
surized components.
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Figure 5.9: Measured power ratio to input power of the resonant ring com-
pared to the operating frequency. The maximal power gain is 12.2 dB at a
frequency of 1.2995 GHz and the corresponding power ratio to input of ‘Pb’,
‘Downstream’ and ‘Input-r’ are -14.7 dB, -12.4 dB and -34.0 dB respectively.

The 500 kW circulator cannot be used for the high power operation.
Moreover, it is difficult to design the 5 MW circulator due to the arcing
problem. The circulator in the resonant ring is removed and the low power
test is performed again. Figure 5.10 shows the construction details and an
image of the resonant ring without the circulator. The geometric length of
the resonant ring is adjusted to be close to optimal condition at frequency
of 1.3 GHz. Figure 5.11 shows the measured and simulated power ratio to
input power of the resonant ring compared to the operating frequency. Two
peaks of ‘Pf’ are generated when the frequency is shifted in the vicinity of
1.3 GHz. The left peak of the power gain is 9.2 dB at a frequency of 1.2988
GHz, and the corresponding power ratio to input of ‘Pb’ and ‘Downstream’
are 7.9 dB and -15.0 dB, respectively. The right peak of the power gain is
9.9 dB at a frequency of 1.3017 GHz, and the corresponding power ratio to
input of ‘Pb’ and ‘Downstream’ are 9.0 dB and -16.5 dB, respectively. The
test result is evidently different when a circulator is inserted. The calculated
power gain is 14.6 dB based on the power loss of -0.05 dB, k21 of -0.41 dB
and k22 of -11.17 dB. The maximal power gain is reduced from the simulated
value of 14.6 dB to the measured value of 9.9 dB. Compared to the case with
the circulator, the relative ‘Pb’ increased from -14.7 dB to 9.0 dB, and the
optimal frequency shifted from 1.2995 GHz to 1.3017 GHz. The deviated
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value between the optimal frequency and 1.3 GHz is larger. The test result
indicates that the power gain exhibits a pronounced decrease, whereas the
backward power is increased significantly without the circulator. A high
standing wave is generated due to the high backward power. Given that the
resonant ring is the traveling wave system for the high power test, the high
standing wave will cause an error in the tested power.
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(a) Construction. k21 is -0.41 dB and k22 is -
11.17 dB.

(b) Image.

Figure 5.10: Construction details and image of resonant ring without circu-
lator.
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Figure 5.11: Measured power ratio to input power of the resonant ring com-
pared to the operating frequency. The left peak of the power gain is 9.2 dB
at a frequency of 1.2988 GHz, and the corresponding power ratio to input
of ‘Pb’ and ‘Downstream’ are 7.9 dB and -15.0 dB, respectively. The right
peak of the power gain is 9.9 dB at a frequency of 1.3017 GHz, and the
corresponding power ratio to input of ‘Pb’ and ‘Downstream’ are 9.0 dB and
-16.5 dB, respectively.

Figure 5.12 is simulated ‘Pf’ and ‘Pb’ with a reflected coefficient of -20
dB in the resonant ring. Using the simplest assumptions, only one reflected
point with a reflected coefficient of -20 dB is set in the simulation. The
simulation indicates that even the reflected coefficient of -23 dB will generate
high backward power in the resonant ring and the ‘Pf’ and ‘Pb’ will be two
peaks near the expected frequency of 1.3 GHz. Although the simulation is not
consistent with the measurement, the tendency of the two curves is similar.
The measurement and simulation emphasize the importance of inserting RF
components in the resonant ring to suppress the backward power.
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Figure 5.12: Simulated ‘Pf’ and ‘Pb’ with a reflected coefficient of -20 dB in
the resonant ring.

The 3-stub tuner is widely used in the high power RF system to suppress
reflection [8]. Compared to the circulator, the 3-stub tuner has the advantage
of high power handling capability, and the disadvantage of a complicated
operation. Figure 5.13 shows the structure and equivalent circuit of the 3-
stub tuner. The three stubs are arranged on the center line of the waveguide.
The space between each stub is usually λg/8, where the λg is the guide
wavelength at the operating frequency. The admittance of each stub can be
changed by adjusting the inserted depth. When represented as an equivalent
circuit, each stub is a short-circuited transmission line with an adjustable
length that is connected in parallel with the main transmission line. The
parallel circuit is usually analyzed from the view of admittance.
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Figure 5.13: Structure and equivalent circuit of 3-stub tuner.

The YL is the admittance of the load which includes a conductance of GL

and a susceptance of BL.

YL = GL + jBL (5.12)

The B1, B2 and B3 are the susceptance of three stubs. Based on a
simple assumption, the stub is pure susceptance. Y0 is the admittance of
the transmission line. Y1 to Y6 are the admittance seen looking into the main
transmission line.

Y1 = YL = GL + jBL

Y2 = YL + jB1

Y3 = Y0
Y1 + jY0t

Y0 + jY1t

Y4 = Y3 + jB2

Y5 = Y0
Y4 + jY0t

Y0 + jY4t

= Y0

j(B2 + tY0) + Y0
j(BL +B1 + tY0) +GL

Y0 − t(B1 +BL − jGL)

Y0 − t(B2 + Y0
(BL +B1 + tY0 − jGL)

Y0 − t(BL +B1 − jGL)
)

Y6 = Y5 + jB3

(5.13)

When the load is matched to the transmission line by the 3-stub tuner,
Y6 is equal to Y0. B1, B2 and B3 then be determined from this relationship.

Y6 = Y5 + jB3 = Y0 ⇒ {
Re(Y5) = Y0

Im(Y5) = −B3

(5.14)
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Three stubs are required to avoid the forbidden region. The forbidden
region can be easily explained using a the Smith chart. Figure 5.14 shows
the Smith chart solutions for the 2-stub tuner. The admittance is normalized
by the admittance of the transmission line, Y0. The red circle is the ‘1 + jB’
circle. All the points on the circle have the same normalization conductance
of 1. The green circle is the ‘1+ jB’ circle rotated by 90°, which is consistent
with the λg/8 in the Smith chart. The first stub rotates YL to Y1 (or Y1

′
)

along the G circle (conductance circle). The transmission line of λg/8 rotates

Y1 (or Y1
′
) to Y2 (or Y2

′
). Finally, the second stub rotates Y2 (or Y2

′
) to Y0,

which is the center of the Smith chart along the G circle. The shadow circle
is the forbidden region. If YL is in this region, the 2-stub tuner can not
transform the YL to Y0. For the 3-stub tuner, if the YL is in the shadow
circle, the first transmission line of λg/8 can rotate YL out of the shadow
circle. Then, the situation is the same as that of the 2-stub tuner. Thus,
there is no forbidden region for the 3-stub tuner, which means that it can
transform any admittance to the transmission line.
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90°
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90°（λg/8）
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Γ  circle
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Rotated 

G circle (G=1)

(a) #1 Solution.

YL

Y1'

B1' Y2'

Y0

90° B2'

(b) #2 Solution.

Figure 5.14: Smith chart solutions of the 2-stub tuner. The shadow circle is
the forbidden region.

The 3-stub tuner is inserted into the resonant ring and the low power test
is again performed. Figure 5.15 shows the construction details and an image
of the resonant ring with a 3-stub tuner. Figure 5.16 shows the measured
power ratio to input power of the resonant ring compared to the operating
frequency. The maximal power gain is 14.8 dB at a frequency of 1.3017
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GHz, and the corresponding power ratio to input of ‘Pb’, ‘Downstream’ and
‘Input-r’ are -41.5 dB, -4.2 dB and -15.4 dB respectively. The power gain
increased from 9.9 dB to 14.8 dB, and the backward power ratio to input
decreased from 9.0 dB to -41.5 dB. The ‘Pb’/‘Pf’ is -56.3 dB. The 3-stub
tuner can effectively suppress reflections in the resonant ring. It should be
noted that the 3-stub tuner is sensitive to the frequency or the phase of the
transmission line. If the frequency or the phase is changed, the suppression
effect is adversely affected and the 3-stub tuner should be re-tuned. The
calculated maximal power gain is 13.3 dB based on a one turn loss of -0.04
dB, k21 of -0.41 dB and k22 of -11.17 dB. A possible reason is that the 3-
stub tuner transforms the reflection of the circular region and the hybrid
to forward power. If k21 does not change, and k22 = 1 − k21 = −10.5 dB,
the calculated power gain is 14.8 dB, which is consistent with the simulated
result.
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(a) Construction. k21 is -0.41 dB and k22 is -
11.17 dB.

(b) Image.

Figure 5.15: Construction details and image of the resonant ring with a
3-stub tuner.
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Figure 5.16: Measured power ratio to input power of the resonant ring com-
pared to the operating frequency. The maximal power gain is 14.8 dB at a
frequency of 1.3017 GHz and the corresponding power ratio to input of ‘Pb’,
‘Downstream’ and ‘Input-r’ are -41.5 dB, -4.2 dB and -15.4 dB, respectively.

5.4 High Power Operation of L-band Reso-

nant Ring

According to the previous section, the L-band resonant ring will be con-
structed using pressurized RF components for high power operation. The
pressurized 11 dB hybrid is used to couple power into the resonant ring and
the 3-stub tuner is used to suppress the backward power. The resonant ring
is constructed to test the RF components for the ILC. Thus, the operating
frequency should be fixed at 1.3 GHz. The pressurized variable phase shifter
is necessary to adjust the resonant ring to the maximal power gain. Figure
5.17 shows the construction details and an image of the 360° phase shifter.
This phase shifter consists of one 3 dB hybrid, two WR650 type straight
waveguides, and two reflection plates. The length of the two waveguides and
the moving distance of the two reflection plates are consistent. In theory, the
two reflected waves to port-1 have the same amplitude and phase difference
of 180°. Thus, the superposition of the two waves will result in destructive
interference. The two reflected waves to port-4 have the same amplitude and
the same phase. The input power from port-1 will output from port-4. The
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minimum resolution of the moving distance of the reflection plate is 0.1 mm.
When the reflection plate is moved 1.0 mm, the effective length of the phase
shifter will change by 2.0 mm, and the phase changes 2.2°. The moving range
of the reflection plate is 190 mm. Thus, the adjusted range of the phase of
this phase shifter can be more than 360°.
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(a) Construction. The note is the amplitude and phase of the wave.

(b) Image.

Figure 5.17: Construction details and image of the 360° phase shifter. The
360° phase shifter consists of one 3 dB hybrid, two WR650 type straight
waveguides, and two reflection plates.

Figure 5.18 shows the construction details and an image of the resonant
ring for the high power test. Four RF windows are installed in the resonant
ring. In the high power test of the resonant ring, the device under test (DUT)
is the straight waveguide. The section of DUT is filled with air at standard
atmospheric pressure, and the other region of the resonant ring is pressurized
using SF6 gas at 0.1 MPa [26]. The break down voltage can be increased with
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the increase of the pressure. The 3 dB hybrid in the 360° phase shifter can
only be pressurized to 0.15 MPa, otherwise, leakage of the SF6 gas occurs.
The other components of the resonant ring can be pressurized to more than
0.2 MPa. From a safety standpoint, the resonant ring is pressurized using
SF6 gas at 0.1 MPa. The 800 kW modulated-anode klystron is used as the
power source. Based on the low power test of the resonant ring, a power gain
of more than 13 dB can be achieved. Thus, an input power of less than 250
kW can generate a forward power of more than 5 MW in the resonant ring.
The 500 kW circulator can be used to protect the klystron.
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(a) Construction. (b) Image.

Figure 5.18: Construction details and image of the resonant ring for high
power test.

Ten acoustic sensors are installed on the different position of the reso-
nant ring. The delay of the waveform of acoustic sensors can approximately
indicate the arcing position. The arcing waveguide is cleaned or replaced to
improve the operating power. Figure 5.19 shows the calibration for the ampli-
tude of the waveform to the power of the signal for the interlock system in the
resonant ring. The waveform of the signal in the resonant ring is monitored
using the oscilloscope, and the data are automatically stored. The relation-
ship between the amplitude of the waveform and the power is not linear.
Thus, a calibration is performed. Table 5.1 shows the calibrated parameters
for the amplitude of the waveform to the power of the signal for the interlock
system in the resonant ring. The relationship between the amplitude of the
waveform V and the power P can be expressed as P = a× V 2 + b× V + c.
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Figure 5.19: The calibration for the amplitude of the waveform to the power
of the signal for the interlock system in the resonant ring.
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Table 5.1: The calibrated parameters for the amplitude of the waveform
to the power of the signal for the interlock system in the resonant ring.
P = a× V 2 + b× V + c.

a b c
‘Kly out’ 0.0998 0.0279 0.0017
‘Input-r’ 0.3915 -0.1229 0.0247

‘Pf’ 1.4475 0.3872 0.0178
‘Pb’ 1.9240 1.2957 0.0889

‘Load’ 0.6986 -0.0566 0.0130
‘Load-r’ 0.4183 -0.1118 0.0238

Figure 5.20 shows the power of the signal in the resonant ring and the
‘RF Status’ when arcing occurs. The ‘RF status’ is the waveform of the RF
switch. A arcing happens at approximately -5 µs, ‘Pf’ decreases and ‘Pb’
increases. The RF switch is shut down at 0 µs. The output power of the
klystron is shut down at approximately 0.5 µs. ‘Pf’ and ‘Pb’ are decreased
to approximately 0 W at approximately 2 µs. The acoustic sensor can shut
down the power in the resonant ring within 7 µs after arcing occurs.
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Figure 5.20: The power of the signal in the resonant ring and the ‘RF Status’
when arcing occurs. The ‘RF Status’ is the waveform of the RF switch.

Until September of 2019, 4.50 MW with a pulse width of 1.65 ms and
a repetition rate of 5 Hz was achieved. Figure 5.21 shows the status of the
high power operation of the L-band resonant ring without arcing. Table
5.2 shows the result of the high power operation of the L-band resonant
ring without arcing. The resonant ring can be operated with a power of
4.50 MW, and a pulse width of 200 µs for 99 minutes, and a pulse width
of 1.65 ms for 120 minutes without arcing. After this operation time, the
power source is shut down to complete the test. For the condition when
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the forward power is maintained at 4.50 MW with a pulse width of 200 µs,
the average power is approximately 4.5 kW and the output power of the
klystron is also maintained at 145 kW. In the case of forward power of 4.50
MW with a pulse width of 1.65 ms, the average power is approximately 37
kW. The temperature of the waveguide system increases significantly. The
waveguide is deformed, and this deformation causes the one turn phase to be
shifted from the optimal condition. Thus, the power gain is decreased. The
output power of the klystron is increased to maintain the forward power in
the resonant ring at 4.50 MW. During the 120 minutes operation, the output
power is increased from 162 kW to 291 kW, and the power gain decreases
from 14.4 dB to 11.9 dB.
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(a) Pulse width of 200 µs. ‘Pf’ is main-
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(b) Pules width of 1.65 ms. ‘Pf’ is main-
tained at 4.50 MW for 120 minutes without
arcing. ‘Kly out’ is increases from 162 kW
to 291 kW.

Figure 5.21: Status of the high power operation of the L-band resonant ring
without arcing.

Table 5.2: Result of the high power operation of the L-band resonant ring
without arcing. After the operation time, the power source is shut down to
complete the test.

Power Pulse width Operated time
4.50 MW 200µs 99 minutes
4.50 MW 1.65 ms 120 minutes

5.5 Test Plan of RF Components using reso-

nant ring

The motivation for the use of the resonant ring for high power test of the RF
components is to generate more power compared to the power source. Based
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on the discussion in the previous section and the shown in Fig. 5.18, the DUT
is inserted between the two RF windows in the resonant ring. The maximal
power gain of the resonant ring is determined by the one turn power loss of
the circular region, and the coupling ratio of the hybrid. Thus, the DUT of
the two ports such as that of the phase shifter, can be directly inserted into
the resonant ring.

In the case of the hybrid, a component of the power will be coupled to the
bypass and the one turn power loss of the resonant ring will be significantly
increased if a hybrid is directly inserted into the resonant ring. Figure 5.22
shows the construction details of the resonant ring for testing the variable
hybrid. The two variable hybrids are tested together. The phase difference
between the main channel and the bypass between the two variable hybrids is
180°. The transmitted (k1) and coupling (k2) coefficients of the two variable
hybrids are set to the same value [26]. It is assumed that the variable hybrid
is an ideal model, which means that there is no power loss and no power
is delivered from ‘Port-1’ to ‘Port-4’ for each variable hybrid. Thus, all the
input power from ‘Port-1’ of ‘VHB-1’ is outputted from ‘Port-2’ of ‘VHB-2’.

In a real case, a component of the input power from ‘Port-1’ will be
delivered to ‘Port-4’. In addition, the two variable hybrids are not identical,
and it is difficult to determine the exact value of k1 and k2 of the two variable
hybrids. Difficulty is encountered in setting the two variable hybrids. Two
directional couplers are installed between the variable hybrids and dummy
loads to monitor the power delivered to the dummy load. During the setting
of the two variable hybrids, the coupling ratio of the two variable hybrids,
3-stub tuner, and 360° phase shifter are adjusted. The power delivered to the
dummy load after ‘VHB-2’ (signal of ‘VHB-L2’) and the backward power in
the resonant ring (signal of ‘Pb’) should be very low.
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Figure 5.22: Construction of a resonant ring for testing the variable hybrid
(VHB).
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Chapter 6

Evaluation of the RF
Components for Compact
LPDS

To demonstrate the feasibility of the compact LPDS in the STF at KEK, four
variable phase shifters, three variable hybrids, and four fixed phase shifters
are manufactured to construct the compact LPDS for four cavities. In this
chapter the S parameter and power capability of these RF components are
evaluated to satisfy the requirements of the compact LPDS.

6.1 Target of High Power Test

The maximal input power of the compact LPDS is approximately 1.3 MW
with a pulse width of 2 ms and a repetition rate of 5 Hz. Considering the
worst condition of total reflection, the E-field is double and the power is
quadrupled to 5.2 MW. Based on the simulation, the maximal E-field in
the variable phase shifter and the variable hybrid can be 1.1 MV/m and
1.0 MV/m, respectively, with a transmitted power of 1.3 MW. These RF
components may be damaged at a high power of 5.2 MW with a pulse width
of 1.65 ms. The reflected power is monitored as the interlock signal to protect
the RF components from arcing. Ten acoustic sensors are installed on the
resonant ring to detect the arcing position. As shown in Fig. 5.20, the power
is shut down within 7 µs after arcing occurs. Considering some margin of the
interlock time, these RF components will be tested at a power of 5.2 MW
with a pulse width of more than 50 µs to investigate the situation of total
reflection.
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Based on the simulation, the reflection of the RF components is less than
-29 dB. Considering the margin of reflection, the reflected power is assumed
to be 5% of the input power. The magnitude of the E-field of reflection is
22% of the input power. The generated power is 150% of the input power,
which is approximately 2 MW if the phase of the reflected signal is the same
as that of the input. Thus, these RF components are be tested using a power
of 2 MW with a pulse of 2 ms to investigate the situation of normal reflection.

From the previous discussion, these RF components will be tested using
a power of 5.2 MW with a pulse width of more than 50 µs, and a power of
2 MW with a pulse width of 2 ms. In the first step of the high power test,
the testing time is expected to be more than 30 minutes. Table 6.1 shows
the target of the high power test of the RF components of the compact LPDS.

Table 6.1: Target for the high power test of the RF components of the
compact LPDS

Power Pulse Width Tested time
2 MW 2 ms ≥ 30 minutes

5.2 MW ≥50 µs ≥ 30 minutes

6.2 Evaluation of Variable Hybrid

Figure 6.1 shows an image of the manufactured variable hybrid. The geo-
metric length is measured to be 730 mm. Two aluminum fins are set in the
waveguide. Each fin is supported by two aluminum robs. The positions of
two fins are adjusted to be symmetrical. A step motor is used to shift the
fin.
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Figure 6.1: Image of the manufactured variable hybrid.

Figure 6.2 shows the measured and simulated magnitude of S21 and S31

of the variable hybrid. S31 can meet the requirement of -8.84 dB to -2.04 dB
when the fin is moved from 1.3 mm to 14.8 mm. Figure 6.3 and Figure 6.4
show the measured and simulated magnitude of S11 and S41 of the variable
hybrid, respectively. The measured magnitude of S11 and S41 are less than
-29.00 dB and -26.50 dB respectively when the fin is moved in the required
range.

95



0 5 10 15 20 25 30 35 40
Moving distance [mm]

-12

-10

-8

-6

-4

-2

0

S
21

 [d
B

]

-12

-10

-8

-6

-4

-2

0

S
31

 [d
B

]

S21(VHY-1)
S21(VHY-2)
S21(VHY-3)
S21(Sim.)
S31(VHY-1)
S31(VHY-2)
S31(VHY-3)
S31(Sim.)

1.3 mm 14.8 mm

-2.04 dB

-8.84 dB

Figure 6.2: Measured and simulated magnitude of S21 and S31 of the variable
hybrid.
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Figure 6.3: Measured and simulated magnitude of S11 of the variable hybrid.
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Figure 6.4: Measured and simulated magnitude of S41 of the variable hybrid.

Figure 6.5 shows the measured and simulated phase of S21 and S31 of
the variable hybrid compared to the magnitude of S31. The maximal S31

phase shift of the three variable hybrids are 17.10°, 17.25° and 16.75° when
the power coupling ratio (S31) is changed by ±25% of the average power
distributed condition. Compared to the simulated phase shift of 17°, the
phase shift of the manufactured variable hybrid can be compensated using
the variable phase shifter. The maximal phase difference between the mea-
surement and simulation for S21 and S31 are 3.3° and 2.3°, respectively, which
is within the required range of S31. Considering the 5° margin of the adjusted
phase range of the variable phase shifter, this phase difference can also be
compensated. The S parameter of the produced variable hybrids can satisfy
the requirement of the compact LPDS.
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Figure 6.5: Measured and simulated phase of S21 and S31 of the variable
hybrid compared to the magnitude of S31.

Figure 6.6 shows an image depicting the installation of two variable hy-
brids in the resonant ring. The two variable hybrids are connected by two
U-links and a straight waveguide, and are tested together. The geometric
length of the bypass is 160 mm longer than that of the main channel be-
tween the two variable hybrids to realize a phase difference of 180°. The
two directional couplers are installed between the variable hybrid and the
dummy load. The coupling ratio of the two variable hybrids can be adjusted
according to the power transmitted to the dummy load to increase the power
gain of the resonant ring.
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(a) (b)

Figure 6.6: Image depicting the installation of two variable hybrids in the
resonant ring.

In the case of the average power distributed condition for a LPDS for five
cavities, the coupling ratio (S31) of the variable hybrid is 20%, 25%, 33.3%
and 50%. Considering the ±25% margin of power, the maximal coupling
ratio is 62.5% when the fin is moved approximately 15 mm. The distance
of mechanical limitation should be more than 15 mm. If the distance of
mechanical limitation is assumed to be 20 mm, the maximal coupling ratio
will be approximately 75%. From the preceding, the high power test of the
variable hybrid will focus on the coupling ratio of 20%, 25%, 33.3%, 50%,
62.5% and 75%.

Figure 6.7 shows the high power test of the variable hybrid with a coupling
ratio of 20% without arcing. The variable hybrids with a coupling ratio of
20% are operated at a power of 5.2 MW with a pulse width of 200 µs or at
2.0 MW with a pulse width of 2 ms for more than 30 minutes. There is no
arcing during the operation. The power source is shut down when the testing
time is longer than the target of 30 minutes.
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(a) Operation at 5.2 MW power with a
pulse width of 200 µs.

0 50 100 150 200 250 300 350 400

K
ly

 o
ut

 [5
0 

m
V

]
P

f [
10

0 
m

V
] 

P
b 

[5
 m

V
]

Kly out (213 kW)
Pf (5.23 MW)
Pb (43.4 kW)

(b) Waveform at 5.2 MW power with a
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(c) Operation at 2.0 MW power with a
pulse width of 2 ms.
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Figure 6.7: High power test of the variable hybrid with a coupling ratio of
20% without arcing. The power source is shut down when the testing time
is longer than the target of 30 minutes.

Figure 6.8 shows the high power test of the variable hybrid with a coupling
ratio of 25%. The variable hybrid with a coupling ratio of 25% can be
operated at a power of 5.2 MW with a pulse width of 200 µs or at 2.0 MW
with a pulse width of 2 ms for more than 30 minutes. There is no arcing
during the operation. The power source is shut down when the testing time
is longer than the target of 30 minutes.
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(a) Operation at 5.2 MW with a pulse
width of 200 µs.
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(c) Operation at 2.0 MW power with a
pulse width of 2 ms.
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Figure 6.8: High power test of the variable hybrid with a coupling ratio of
25% without arcing. The power source is shut down when the testing time
is longer than the target of 30 minutes.

Figure 6.9 shows the high power test of the variable hybrid with a coupling
ratio of 33.3% without arcing. The variable hybrid with a coupling ratio of
33.3% can be operated at a power of 5.2 MW with a pulse width of 200 µs
or at 2.0 MW with a pulse width of 2 ms for more than 30 minutes. There
is no arcing during the operation. The power source is shut down when the
testing time is longer than the target of 30 minutes.
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(a) Operation at 5.2 MW power with a
pulse width of 200 µs.
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(c) Operation at 2.0 MW power with a
pulse width of 2 ms.
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Figure 6.9: High power test of the variable hybrid with a coupling ratio of
33.3% without arcing. The power source is shut down when the testing time
is longer than the target of 30 minutes.

Figure 6.10 shows the high power test of the variable hybrid with a cou-
pling ratio of 50% without arcing. The variable hybrid with a coupling ratio
of 50% can be operated at a power of 5.2 MW with a pulse width of 200 µs
or at 2.0 MW with a pulse width of 2 ms for more than 30 minutes. There
is no arcing during the operation. The power source is shut down when the
testing time is longer than the target of 30 minutes.
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(a) Operation at 5.2 MW power with a
pulse width of 200 µs.
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(c) Operation at 2.0 MW power with a
pulse width of 2 ms.
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Figure 6.10: High power test of the variable hybrid with coupling ratio of
50% without arcing. The power source is shut down when the testing time
is longer than the target of 30 minutes.

Figure 6.11 shows the high power test of the variable hybrid with a cou-
pling ratio of 62.5% without arcing. The variable hybrid with a coupling
ratio of 62.5% can be operated at a power of 5.2 MW with a pulse width of
50 µs or at 2.0 MW with a pulse width of 2 ms for more than 30 minutes.
There is no arcing during the operation. The power source is shut down
when the testing time is longer than the target of 30 minutes. In the case of
a power of 5.2 MW with a pulse width of at least 100 µs, arcing occurs in
the U-link of the bypass between the two variable hybrids. The 3-stub tuner
can only suppress the reflected power in the main road. There, may exist
high standing wave in the bypass, leading to arcing.
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(a) Operation at 5.2 MW power with a
pulse width of 50 µs.
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(b) Waveform at 5.2 MW power with a
pulse width of 50 µs.
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(c) Operation at 2.0 MW power with a
pulse width of 2 ms.
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Figure 6.11: High power test of the variable hybrid with a coupling ratio of
62.5% without arcing. The power source is shut down when the testing time
is longer than the target of 30 minutes.

Figure 6.12 shows the high power test of the variable hybrid with a cou-
pling ratio of 75% without arcing. The variable hybrid with a coupling ratio
of 75% can be operated at a power of 5.2 MW with a pulse width of 50 µs
for 24 minutes or at 2.0 MW with a pulse width of 2 ms for more than 30
minutes. In the case of the 50 µs test, the circular power suddenly decreased
and cannot be improved due to the maximal output power of the klystron
for the current setting. Thus, the power source is shut down and the testing
time is less than 30 minutes. There is no arcing during the operation. Arcing
also occurs in the U-link of the bypass between the two variable hybrids at
5.2 MW with a pulse width of at least 100 µs.
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(a) Operation at 5.2 MW power with a
pulse width of 50 µs.
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(b) Waveform at 5.2 MW power with a
pulse width of 50 µs.
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(c) Operation at 2.0 MW power with a
pulse width of 2 ms.
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(d) Waveform at 2.0 MW power with a
pulse width of 2 ms.

Figure 6.12: High power test of the variable hybrid with a coupling ratio of
75% without arcing.

Table 6.2 shows the result of the high power test of the variable hybrid
[28]. Arcing does not occur during these high power test. After the operation,
the power source is shut down to complete the test. The power handling
capability of variable hybrid can satisfy the requirements of the compact
LPDS.
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Table 6.2: Result of the high power test of the variable hybrid without arcing
[28]. After the operation, the power source is shut down to complete the test.

Coupling ratio (|S31|) Power Pulse width Operation time
20% 5.2 MW 200 µs ≥ 30 minutes

2.0 MW 2 ms ≥ 30 minutes
25% 5.2 MW 200 µs ≥ 30 minutes

2.0 MW 2 ms ≥ 30 minutes
33.3% 5.2 MW 200 µs ≥ 30 minutes

2.0 MW 2 ms ≥ 30 minutes
50% 5.2 MW 200 µs ≥ 30 minutes

2.0 MW 2 ms ≥ 30 minutes
62.5% 5.2 MW 50 µs ≥ 30 minutes

2.0 MW 2 ms ≥ 30 minutes

75% 5.2 MW 50 µs 24 minutes *

2.0 MW 2 ms ≥ 30 minutes

* The circular power suddenly decreased from 5.2 MW to 5.0 MW after 24
minutes for no known reason, and cannot be improved due to the maximal
output power of the klystron at the current setting.

6.3 Evaluation of Variable Phase shifter

Figure 6.13 shows an image of the manufactured variable phase shifter. The
geometric length was measured of 300 mm. One aluminum fin is set in the
waveguide, and supported by two aluminum robs. A step motor is used to
shift the fin.
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(a) Frount view (b) Side view

Figure 6.13: Image of the manufactured variable phase shifter.

Figure 6.14 shows the measured and simulated S11 of four variable phase
shifters. S11 is less than -30 dB when the fin is moved from 0 to 43 mm.
Figure 6.15 shows the measured and simulated transmitted phase of four
variable phase shifters. The phase can be adjusted from 36° to −1° when the
fin is moved from 0 to 43 mm, which means that the total phase changes by
37°. The phase is approximately 17.5° when the fin is moved approximately
15 mm. The maximal adjusted phase range can be from 36° to −3°. The
measured transmitted phase and S11 are consistent with the simulated result.
Thus the S parameter of the manufactured variable phase shifters can meet
the requirements of the compact LPDS.
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Figure 6.14: Measured and simulated S11 of four variable phase shifters.

0 10 20 30 40 50 60
Moving distance [mm]

-10

0

10

20

30

40

S
21

 p
ha

se
 [°

]

PS-1
PS-2
PS-3
PS-4
Sim.

43 mm

-1°

Figure 6.15: Measured and simulated transmitted phase of four variable
phase shifters.

Figure 6.16 depicts an image showing the installation for the two variable
phase shifters in the resonant ring. Four variable phase shifters are inserted
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between two RF windows, filled with air, and tested together. This setup for
the testing of the variable phase shifters is similar to the setup for testing
the variable hybrid.

(a) (b)

Figure 6.16: Image depicting the installation of two variable phase shifters
in the resonant ring. Four variable phase shifters are tested together.

Three conditions of the variable phase shifters are tested at high power
for the case of the fin is close to the wall, at the center of the moving range
(movement approximately 21.5 mm), and the end of the moving range (move-
ment approximately 43.0 mm). The 360° phase shifter is used to adjust the
one turn phase to the optimal condition to maximize the power gain.

Figure 6.17 shows the high power test result of the variable phase shifter
without arcing when the fin is close to the wall. The variable phase shifter
can be operated at a power of 5.2 MW power with a pulse width of 200 µs
or at 2.0 MW with a pulse width of 2 ms for more than 30 minutes when
the fin is close to the wall. There is no arcing during the operation. The
power source is shut down when the testing time is longer than the target of
30 minutes.
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(a) Operation at 5.2 MW power with a
pulse width of 200 µs.
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(b) Waveform at 5.2 MW power with a
pulse width of 200 µs.
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(c) Operation at 2.0 MW power with a
pulse width of 2 ms.
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(d) Waveform at 2.0 MW power with a
pulse width of 2 ms.

Figure 6.17: High power test result of the variable phase shifter without
arcing when the fin is close to the wall. The power source is shut down when
the testing time is longer than the target of 30 minutes.

Figure 6.18 shows the high power test result of the variable phase shifter
without arcing when the fin is moved to the center of the movement range.
The variable phase shifter can be operated at a power of 5.2 MW with a
pulse width of 200 µs or at 2.0 MW with a pulse width of 2 ms for more than
30 minutes when the fin is moved to the center of its movement range. There
is no arcing during the operation. The power source is shut down when the
testing time is longer than the target of 30 minutes.
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(a) Operation at 5.2 MW power with a
pulse width of 200 µs.
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(b) Waveform at 5.2 MW power with a
pulse width of 200 µs.
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(c) Operation at 2.0 MW power with a
pulse width of 2 ms.
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(d) Waveform at 2.0 MW power with a
pulse width of 2 ms.

Figure 6.18: High power test result of the variable phase shifter without
arcing when the fin is moved to the center of the movement range. The
power source is shut down when the testing time is longer than the target of
30 minutes.

Figure 6.19 shows the high power test result of the variable phase shifter
without arcing when the fin is moved to the end of the movement range. The
variable phase shifter can be operated at a power of 5.2 MW with a pulse
width of 200 µs or at 2.0 MW with a pulse width of 2 ms for more than 30
minutes when the fin is moved to the end of its movement range. There is
no arcing during the operation. The power source is shut down when the
testing time is longer than the target of 30 minutes.
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(a) Operation at 5.2 MW power with a
pulse width of 200 µs.
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(b) Waveform at 5.2 MW power with a
pulse width of 200 µs.
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(c) Operation at 2.0 MW power with a
pulse width of 2 ms.

-2.5 -2 -1.5 -1 -0.5 0 0.5
time [ms]

K
ly

 o
ut

 [5
0 

m
V

]
P

f [
10

0 
m

V
] 

P
b 

[5
 m

V
]

Kly out (82.5 kW)
Pf (2.04 MW)
Pb (9.80 kW)

(d) Waveform at 2.0 MW power with a
pulse width of 2 ms.

Figure 6.19: High power test result of the variable phase shifter without
arcing when the fin is moved to the end of the movement range. The power
source is shut down when the testing time is longer than the target of 30
minutes.

Table 6.3 displays the result of the high power test of the variable phase
shifters. Arcing does not occur during these high power tests. After the
operation, the power source is shut down to complete the test. The power
handling capability of the variable phase shifter can satisfy the requirements
of the compact LPDS.

Table 6.3: Result of the high power test of the variable phase shifter without
arcing. After the operation, the power source is shut down to complete the
test.

Position of fin Power Pulse width Operation time
Close to wall 5.2 MW 200 µs ≥ 30 minutes

(∼ 0 mm) 2.0 MW 2 ms ≥ 30 minutes
Half of range 5.2 MW 200 µs ≥ 30 minutes
(∼ 21.5 mm) 2.0 MW 2 ms ≥ 30 minutes

Maximum of range 5.2 MW 200 µs ≥ 30 minutes
(∼ 43.0 mm) 2.0 MW 2 ms ≥ 30 minutes
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6.4 Evaluation of Fixed Phase Shifter

Figure 6.20 shows an image of the three manufactured fixed phase shifters.
The geometric length is measured to be two 296 mm and a 1,026 mm, re-
spectively.

(a) #FPS1 (b) #FPS2

(c) #FPS3

Figure 6.20: Image of the three manufactured fixed phase shifters.

Table 6.4 shows the measured and simulated S parameters of the three
fixed phase shifter. The phase difference between the measured and simulated
S21 is less than 1°. Considering the phase adjusted margin of 15°, this phase
difference can be compensated by the variable phase shifter. The measured
return loss (S21) is less than -30 dB. The measured S parameter of the three
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fixed phase shifters can satisfy the requirements of the compact LPDS.

Table 6.4: Measured and simulated S parameter of the three fixed phase
shifters (FPS).

Coupling ratio (|S31|) #FPS1 #FPS2 #FPS3
Length 296 mm 296 mm 1026 mm

Simulated S21 95.29° 103.39° −84.22°
Measured S21 95.50° 102.9° −84.93°

Measured |S11| -34.44 dB -34.09 dB -44.03 dB

Figure 6.21 depict an image showing the installation of the three fixed
phase shifters in the resonant ring. These three fixed phase shifters are tested
together.

(a) (b)

Figure 6.21: Image depicting the installation of the three fixed phase shifters
in the resonant ring.

Figure 6.22 shows the high power test result of the three fixed phase
shifters without arcing. The three fixed phase shifters can be operated at
a powr of 5.2 MW power with a pulse width of 200 µs or at 2.0 MW with
pulse width of 2 ms for more than 30 minutes. There is no arcing during the
operation. The power source is shut down when the testing time is longer
than the target of 30 minutes.
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(a) Operation at 5.2 MW power with a
pulse width of 200 µs.
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(b) Waveform at 5.2 MW power with a
pulse width of 200 µs.
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(c) Operation at 2.0 MW power with a
pulse width of 2 ms.
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(d) Waveform at 2.0 MW power with a
pulse width of 2 ms.

Figure 6.22: High power test result of the three fixed phase shifters without
arcing. The power source is shut down when the testing time is longer than
the target of 30 minutes.

Table 6.5 shows the result of the high power test of the fixed phase shifter.
Arcing does not occur during these high power tests. After the operation,
the power source is shut down to complete the test. The power handling
capability of the three fixed phase shifters can satisfy the requirements of
the compact LPDS.

Table 6.5: Result of the high power test of the three fixed phase shifter with-
out arcing. After the operation, the power source is shut down to complete
the test.

Power Pulse width Operation time
5.2 MW 200 µs ≥ 30 minutes
2.0 MW 2 ms ≥ 30 minutes

The investigation of the variable hybrids, variable phase shifters, and fixed
phase shifters indicates that the S parameters and power handling capability
can satisfy the requirements of the compact LPDS. The compact LPDS for
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four cavities will be constructed and demonstrated in the STF.

116



Chapter 7

Evaluation and Operated
Procedure of the Compact
LPDS

The measured S parameter and high power test of the RF components satisfy
the requirements of the compact LPDS. The compact LPDS will then be
constructed in the tunnel of the Superconducting RF Test Facility (STF) to
demonstrate its feasibility. This chapter introduces the low power test of the
compact LPDS. Based on the schedule of beam operation in the STF, the
high power test is expected to be performed in the 2021.

7.1 Construction of the Compact LPDS

Figure 7.1 shows the schematic for the construction of the compact LPDS for
four cavities in the STF. This compact LPDS will be connected to four SC
cavities installed in the cryomodule of ‘CM–2a’. Considering the height of
the STF tunnel and the supporting system, the compact LPDS is set on the
horizontal plane. A bellow with a variable length is necessary to compensate
for the production error of the geometric dimension and to decrease the
mechanical stress. It will be installed between the circulator and the input
coupler of the SC cavity.
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��� !�"!� #$�$#$Figure 7.1: Schematic showing the construction of the compact LPDS and
cryomodule ‘CM–2a’ for four cavities in the STF. The VHB and VPS are
variable hybrid and variable phase shifter, respectively.

7.2 Low Power Test of the Compact LPDS

Figure 7.2 shows an image of the low power test setup for the compact LPDS
for four cavities in the STF. The low power test of the compact LPDS is
focused on the adjusted capability of the power distribution and phase. A
4-port network analyzer is used to obtain measurements and the three output
ports of the compact LPDS can be measured simultaneously.

118



Figure 7.2: Image depicting the low power test of the compact LPDS for four
cavities in the STF.

Firstly, the compact LPDS is adjusted to the average power distributed
condition. The order of adjustment is as follows:

1) Set the three variable hybrids and the four variable phase shifters for
the average power distributed condition based on the measured data of
each component.

2) Adjust #VHB3 to equalize the power of #Cav3 and #Cav4.

3) Adjust #VPS4 to shift the phase difference between #Cav3 and #Cav4
to −90°.

4) Adjust #VHB2 to equalize the power of #Cav2, #Cav3 and #Cav4.

5) Adjust #VPS3 to shift the phase difference between #Cav2 and #Cav3
to −90°.

6) Adjust #VHB1 to equalize the power of #Cav1, #Cav2 and #Cav3.
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7) Adjust #VPS2 to shift the phase difference between #Cav1 and #Cav2
to −90°.

Table 7.1 displays the measured result of the compact LPDS for four
cavities for the average power distributed condition. The compact LPDS
can realize the average power distributed condition and adjust the phase
difference between adjacent cavities to −90°. The reflection to the input
of the compact LPDS is -25.99 dB and the total power transmitted to the
four cavities is 96.59% of the input power. The measured power loss of the
compact LPDS for four cavities is -15.00 dB.

Table 7.1: Measured result of the compact LPDS for four cavities for the
average power distributed condition.

Power Phase Phase difference
#Cav1 -6.147 dB (24.28%) −128.4°
#Cav2 -6.179 dB (24.11%) 141.4° -90.20
#Cav3 -6.152 dB (24.26%) 51.33° −90.07°
#Cav4 -6.209 dB (23.94%) −38.82° −90.15°

Compact LPDS
Reflection to input -25.99 dB (0.25%)

Total power of 4 cavities 96.59%
Power loss of compact LPDS -15.00 dB (3.16%)

In the case of the average power distributed condition, the power trans-
mitted to each cavity is approximately -6.20 dB of the input power of the
compact LPDS for four cavities. The required adjusted range of power is
±25%. Thus, the power transmitted to each cavity should be adjusted in
the range of -5.2 dB to -7.5 dB. The three variable hybrids are adjusted in-
dividually, and the corresponding variable phase shifter should be adjusted
to compensate for the phase shift of the variable hybrid.

Figure 7.3 shows the measured output power of the compact LPDS while
#VHB1 and #VPS1 are adjusted. Figure 7.4 shows the measured output
phase of the compact LPDS while #VHB1 and #VPS1 are adjusted. The
measured result indicates that the power of #Cav1 can be adjusted from
-8.009 dB to -4.585 dB, and the phase of #Cav1 ∼ #Cav3 are approxi-
mately maintained. Thus, the #VPS1 can compensate for the phase shift of
#VHB1 while the coupling ratio is adjusted to ±25%. Figure 7.5 shows the
relationship for the count of the step motor between #VHB1 and #VPS1.
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Figure 7.3: Measured output power of the compact LPDS while #VHB1 and
#VPS1 are adjusted.
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Figure 7.4: Measured output phase of the compact LPDS while #VHB1 and
#VPS1 are adjusted.
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Figure 7.5: Relationship for the count of the step motor between #VHB1
and #VPS1.

Figure 7.6 shows the measured output power of the compact LPDS while
#VHB2 and #VPS2 are adjusted. Figure 7.7 shows the measured output
phase of the compact LPDS while #VHB2 and #VPS2 are adjusted. The
measured result indicates that the power of #Cav2 can be adjusted from -
7.784 dB to -4.812 dB, and the power of #Cav1 is approximately maintained.
In addition, the phase of #Cav1 ∼ #Cav3 are approximately maintained
during the adjustment. Thus, #VPS2 can compensate for the phase shift of
#VHB2 while the coupling ratio is adjusted to ±25%. Figure 7.8 shows the
relationship of the count of the step motor between #VHB2 and #VPS2.
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Figure 7.6: Measured output power of the compact LPDS while #VHB2 and
#VPS2 are adjusted.
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Figure 7.7: Measured output phase of the compact LPDS while #VHB2 and
#VPS2 are adjusted.
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Figure 7.8: Relationship of the count of the step motor between #VHB2 and
#VPS2.

Figure 7.9 shows the measured output power of the compact LPDS while
#VHB3 and #VPS3 are adjusted. Figure 7.7 shows the measured output
phase of the compact LPDS while #VHB3 and #VPS3 are adjusted. The
measured result indicates that the power of #Cav3 can be adjusted from -
5.113 dB to -7.630 dB and the power of #Cav2 is approximately maintained.
In addition, the phase of #Cav2 ∼ #Cav4 are approximately maintained
during the adjustment. Thus, #VPS3 can compensate for the phase shift of
#VHB3 while the coupling ratio is adjusted to ±25%. Figure 7.8 shows the
relationship of the count of the step motor between #VHB3 and #VPS3.
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Figure 7.9: Measured output power of the compact LPDS while #VHB3 and
#VPS3 are adjusted.
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Figure 7.10: Measured output phase of the compact LPDS while #VHB3
and #VPS3 are adjusted.
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Figure 7.11: Relationship of the count of the step motor between #VHB3
and #VPS3.

Finally, only the #VPS4 is adjusted. The measured result indicates that
the phase of #Cav4 can be adjusted from −60.38° to −20.44° and the phase
of #Cav2 and #Cav3 is approximately maintained. The phase shift range of
#VPS4 is 39.94°. In addition, the power of #Cav2∼#Cav4 is approximately
maintained during the adjustment.

Based on the low power test of the compact LPDS, the variable hybrid can
realize ±25% variation of the power coupling ratio, and the variable phase
shifter can compensate for the phase shift of the followed variable hybrid.

Table 7.2 displays the measured phase margin of #VPS1 ∼ #VPS4. The
measured phase margin is shifted from the simulated value due to the phase
difference between the measurement and the simulation for the variable hy-
brid, and the fixed phase shifter. Based on the measured phase margin, the
required uniformity of the phase for the circulators, and bellows for different
cavities, should be better than 4°.
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Table 7.2: Measured phase margin of #VPS1 ∼ #VPS4.

Measured phase margin Simulated phase margin
#VPS1 −16.0° ∼ 9.77° −11.06° ∼ 10.12°
#VPS2 −16.1° ∼ 4.47° −10.21° ∼ 9.65°
#VPS3 −14.5° ∼ 5.67° −9.27° ∼ 8.79°
#VPS4 −22.0° ∼ 17.9° −17.5° ∼ 17.5°

7.3 Operation procedure of the Compact LPDS

Based on the low power test of the RF components and the compact LPDS,
the table displays the related count number of the step motor between the
variable hybrid and the variable phase shifter. Using this table, the shifted
value of the step motor of the variable phase shifter can be automatically
calculated when the variable hybrid is adjusted. The operation procedure of
the compact LPDS is shown as follow:

1) Calculate the required generator power based on the maximal gradient
of each cavity.

2) Calculate the required coupling ratio of each variable hybrid.

3) Adjust the variable hybrid for the required coupling ratio.

4) Adjust the variable phase shifter to compensate for the phase shift of
the variable hybrid.

5) Finally, the power ratio between the cavities is equal to the calculated
value and the phase difference between adjacent cavities is 90°.
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Chapter 8

Conclusion and Future
Prospects

The 250 GeV ILC is a future electron-positron collider that utilizes the super-
conducting RF technology. The PDS is developed to transmit RF power from
one multi-beam klystron to 39 SC cavities. Each PDS is composed of three
LPDSs for 13 cavities. The maximal accelerating gradient of each cavity has
±20% variation from 31.5 MV/m, depending on the cavity’s performance.
A variable hybrid and variable phase shifter are employed in the LPDS to
adjust the RF power and the phase of each cavity can operate the SC cavity
close to the quench limit and accelerate beams on the crest of the RF field.
Thus, the maximal average accelerating gradient of the main LINAC can be
achieved. The initial design of PDS and LPDS is shown in the ILC-TDR.
Due to the limited space of the tunnel, the cryomodule integrated with the
LPDS is expected to be assembled in the tunnel by a cart. In the case of the
LPDS in the ILC-TDR, it seems to be difficult of facilitating removal of the
cart after the installation process of the cryomodule.

The primary motivation of this research was to develop a compact LPDS
that can be integrated on the cryomodule and reduce the production cost.
The process began with the design of the model, followed by the design of the
RF components. The RF components are manufactured and tested at low
power using a network analyzer and at high power using a L-band resonant
ring. Finally, the compact LPDS is constructed and tested at low power in
the tunnel. The power handling capability of the RF components and the
adjusted range of the compact LPDS are demonstrated. This research was
conducted at the Superconducting RF Test Facility (STF) at the KEK. The
main results can be summarized as follows:

• Several candidate models for the compact LPDS was presented. The
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requirements of the compact LPDS was analyzed in detail.

• The compact RF components of the variable hybrid (730 mm) and the
variable phase shifter (300 mm) were designed. The variable hybrid
can realize the adjustment of the power coupling ratio from -8.84 dB
to -2.04 dB to operate the SC cavity close to its quench limit. The
variable phase shifter can realize the a change in the phase of 37.8° to
compensate for the phase shift of the variable hybrid and reserve 15°
for the margin.

• The concept of a fixed phase shifter was introduced to adjust the phase
difference between adjacent cavities to 90°.

• The requirements of a low level RF control system was introduced based
on a probabilistic analysis of the compact LPDS. When the QL is same
for the cavities, the detuning should be controlled within ±16 Hz.

• Three variable hybrids, four variable phase shifters and three fixed
phase shifters were manufactured. The measured S parameters met
the requirements of compact LPDS.

• An L-band resonant ring was constructed in the STF for high power
test of the RF components. The resonant ring was operated at 4.5 MW
with a pulse width of 1.65 ms for 120 minutes in 2019.

• The power handling capability of the RF components was evaluated
using the resonant ring and it was determined that they satisfy the
requirements of the compact LPDS. These RF components can be op-
erated at a power of 2 MW with a pulse width of 2 ms and a power of
5.2 MW with a pulse width of more than 50 µs.

• The compact LPDS was constructed in the STF. The adjustment of
power and phase was demonstrated and was determined to satisfy the
requirements of the compact LPDS.

• The operation procedure of the compact LPDS was presented.

In the future, the compact LPDS and the operating procedure will be
demonstrated for high power operation, and beam commissioning in the STF.
In addition, downstream of the compact LPDS, a new type of fixed phase
shifter will be designed to meet the required phase.
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Appendix A

Vector Diagram of Cavity Field

Figure A.1 shows the vector diagram for the voltage and current of the cavity.
Table A.1 displays the definition of the vector for the voltage and current,
and the angle of the cavity.

grV
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Figure A.1: Vector diagram for the voltage and current of the cavity.

130



Table A.1: Definition of the vector for the voltage and current, and the angle
of the cavity.

Vg Voltage generated by generator current
Vgr Voltage generated by generator current on resonance
Vfor Incident voltage to cavity
Vref Reflected voltage from cavity
Vb Voltage generated by beam current
Vbr Voltage generated by beam current on resonance
Vcav Cavity voltage
Ig Generator current
Ifor Incident current to cavity
Iref Reflected current from cavity
Ib Beam current
Icav Cavity current
R Cavity resistance
RL Loaded shunt impedance
Zcav Cavity impedance
Zext External impedance
β Coupling ratio
ψ Tuning angle
φb Beam phase
θ Angle between Ig and real axis

Figure A.2 shows the equivalent circuit of the cavity driven by the genera-
tor. Ig is the generator current and Icav is the cavity current. The impedance
of the cavity, Zcav, is expressed

1

Zcav
= − 1

jωL
+

1

R
+ jωC

Zcav =
R

1− jR
(

1
ωL
− ωC

) (A.1)

The external impedance Zext is the impedance of the transmission line Z0

transformed to the cavity side.

Zext = N2 · Z0 (A.2)
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Figure A.2: Equivalent circuit of the cavity driven by the generator.

The coupling ratio β is defined as the ratio of the cavity resistor R and
the external impedance Zext.

β =
R

Zext
(A.3)

The external impedance Zext is parallel to the cavity resistance R. Thus
the Zext and R can be replaced by a single resistor RL, called the loaded
shunt impedance.

1

RL

=
1

R
+

1

Zext
(A.4)

Combining equations (A.3) and (A.4), the loaded shunt impedance RL

can be represented as

RL =
R

1 + β
(A.5)

The vectors for the voltage and current of the cavity have the relationship

~Vcav = ~Vfor + ~Vref = ~Vg + ~Vb = Zcav · ~Icav (A.6)

~Icav = ~Ifor + ~Iref + ~Ib (A.7)

~Vfor = Zext · ~Ifor =
R

β
· ~Ifor (A.8)
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~Vref = −Zext · ~Iref = −R
β
· ~Ifor (A.9)

~Ifor = ~Ig (A.10)

Inserting equations (A.8) and (A.9) into (A.7), we have

~Icav =
~Vfor
Zext

−
~Vref
Zext

+ ~Ib (A.11)

Combining equations (A.6) and (A.11), we have

~Vref =
1

Zcav + Zext
·
(

(Zcav − Zext) ~Vfor + ZcavZext~Ib

)
(A.12)

Inserting equation (A.12) into (A.6), we have

~Vcav =
Zcav

Zcav + Zext
·
(

2~Vfor + Zext~Ib

)
(A.13)

The cavity current ~Icav can be calculated from the cavity voltage ~Vcav

~Icav =
~Vcav
Zcav

=
1

Zcav + Zext
·
(

2~Vfor + Zext~Ib

)
(A.14)

The cavity voltage ~Vcav and cavity current ~Icav can be represented using
the tuning angle ψ and the coupling factor β

~Vcav =
β

β + 1
· 1

1− jtanψ
·
(

2~Vfor +
R

β
~Ib

)
=

β

β + 1
· cosψ · ejψ ·

(
2~Vfor +

R

β
~Ib

)
= RL · cosψ · ejψ ·

(
2~Ig + ~Ib

) (A.15)

~Icav =
β (1− j(β + 1)tanψ)

(β + 1)(1− jtanψ)
·

(
2
~Vfor
R

+
1

β
~Ib

)

=
1

β + 1
· 1− jβtanψ + (β + 1)tan2ψ

1 + tan2ψ
·
(

2~Ig + ~Ib

) (A.16)
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The first and second terms of equation (A.15) correspond to ~Vg and ~Vb,
respectively.

~Vg = 2RL
~Ig · cosψ · ejψ

= ~Vgr · cosψ · ejψ (A.17)

~Vb = RL
~Ib · cosψ · ejψ

= ~Vbr · cosψ · ejψ
(A.18)

The voltage generated by a generator current and beam current on the
resonance (~Vgr and ~Vbr) are expressed as

~Vgr = 2RL
~Ig (A.19)

~Vbr = RL
~Ib (A.20)

In the case of the SC cavity, the coupling factor is much larger than 1 (for

the ILC, β ∼ 1650), thus Zext ≈ RL. ~Vgr is approximately two times ~Vfor.

~Vgr = 2RL
~Ig ≈ 2Zext~Ig = ~Vfor (A.21)

The reflected voltage and current from the cavity can be calculated from
~Vcav and ~Icav, respectively.

~Vref = ~Vcav − ~Vfor

= RL · cosψ · ejψ ·
(

(β − 1) + j(β + 1)tanψ

β
~Ig + ~Ib

)
(A.22)

~Iref = −
~Vref
Zext

=
β

β + 1
· cosψ · eiψ ·

(
(β − 1) + j(β + 1)tanψ

β
~Ig + ~Ib

)
(A.23)
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Appendix B

Generator power for flattop

The voltage and current for the cavity with beam loading have been intro-
duced in the previous section. The generator power Pg and reflected power

Pref can then be calculated based on the cavity voltage ~Vcav, beam current
~Ib and tuning angle ψ. Usually, the DC beam current Ib0 is quoted. In the
case of a periodic bunch where the bunch length is much shorter than the
bunch space, the amplitude of the Fourier component of |~Ib| with a frequency
equal to the RF frequency ω0 is approximately twice the amplitude of the
DC component Ib0 [17].

|~Ib| ≈ 2 · Ib0 (B.1)

The vector triangle composed of ~Vcav, ~Vb and ~Vg is shown in the Fig. A.1.

The magnitude of ~Vg is calculated as

V 2
g = V 2

cav + V 2
b − 2 · VcavVbcos(ψ − φb)

= (Vcavcosψ + Vbcosφb)
2 + (Vcavsinψ + Vbsinφb)

2 (B.2)

The generator power Pg can be calculated using ~Vfor and ~Ifor

Pg =
1

2
Re~Vfor · ~I∗for

=
R

2β
I2g

(B.3)

The Vgr can be derived from the generated power Pg
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|~Vgr| = 2RL|~Ig|

= 2RL

√
2βPg
R

= 2

√
2βRLPg
β + 1

(B.4)

Based on the equations (A.17) and (A.18), we have

|~Vg| = Vgrcosψ

|~Vb| = Vbrcosψ (B.5)

The equation (B.2) can be rewritten using equations (A.20), (B.4) and
(B.5) to give the following;

(Vgrcosψ)2 = V 2
cavcos2ψ

[(
1 +

Vbr
Vcav

cosφb

)2

+

(
tanψ +

Vbr
Vcav

sinφb

)2
]

8β

β + 1
RLPg = V 2

cav

(1 +
RL|~Ib|
Vcav

cosφb

)2

+

(
tanψ +

RL|~Ib|
Vcav

sinφb

)2


Pg =
β + 1

8β

V 2
cav

RL

[(
1 +

2RLIb0
Vcav

cosφb

)2

+

(
tanψ +

2RLIb0
Vcav

sinφb

)2
]

(B.6)

Usually, the parameters of normalized quality factor
r

Q
, loaded quality

factor QL and detuning ∆f are stated. In the case of the SC cavity, β is much
larger than 1 and detuning is much smaller than the resonant frequency. The
generator power Pg can then be represented as;
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Pg =
β + 1

4β

V 2
cav(

r
Q

)
QL


1 +

(
r
Q

)
QLIb0

Vcav
cosφb

2

+

tanψ +

(
r
Q

)
QLIb0

Vcav
sinφb

2


≈ 1

4

V 2
cav(

r
Q

)
QL


1 +

(
r
Q

)
QLIb0

Vcav
cosφb

2

+

∆f

f1/2
+

(
r
Q

)
QLIb0

Vcav
sinφb

2


(B.7)

Where f1/2 is the bandwidth of the cavity.

f1/2 =
f0

2QL

(B.8)

The reflected power Pref can be calculated from the reflected voltage ~Vref
and the reflected current ~Iref (equations (A.22) and (A.23))

Pref =
1

2

{
~Vref · ~I∗ref

}
=

β

β + 1

RL

2
cos2 ψ

∣∣∣∣(β − 1) + j(β + 1)tanψ

β
~Ig + ~Ib

∣∣∣∣2
=

β

4(β + 1)

(
r

Q

)
QL cos2 ψ·∣∣∣∣∣∣∣

(β − 1) + j(β + 1)tanψ

β

√√√√ 4β

β + 1

Pg(
r
Q

)
QL

e−jθ + ~Ib

∣∣∣∣∣∣∣
2

(B.9)
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Where θ is the angle between the generator current Ig and the real axis.

cos θ =
V 2
g + V 2

b − V 2
cav

2VgVb

=

I2g + I2b0 −

 Vcav(
r
Q

)
QL cosψ

2

2IgIb0

(B.10)

In the case of optimal tuning, the second bracket in equation (B.7) van-
ishes. The generator power at optimal tuning (Pg)opt is expressed as;

(Pg)opt =
β + 1

4β

V 2
cav(

r
Q

)
QL

1 +

(
r
Q

)
QLIb0

Vcav
cosφb

2

(B.11)

The optimal tuning angle ψopt and optimal detune ∆fopt are expressed as

tanψopt = −

(
r
Q

)
QLIb0

Vcav
sinφb

∆fopt
f0

= −

(
r
Q

)
Ib0

2Vcav
sinφb

(B.12)

Differentiating equation (B.11) with a variable coupling factor β to find
the minimal value of generator power Pg, we have;

d (Pg)opt
dβ

= 0

→ βopt = 1 +

(
r
Q

)
Q0Ib0

Vcav
cosφb

(B.13)

The minimal generator power (Pg)min is expressed as

(Pg)min = βopt
V 2
cav(

r
Q

)
Q0

(B.14)
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The optimal tuning angle ψopt can be expressed using the optimal coupling
factor βopt.

tanψopt = −βopt − 1

βopt + 1
tanφb (B.15)

The optimal loaded quality factor (QL)opt can be calculated from optimal
coupling factor βopt.

(QL)opt =
Q0

1 + βopt
=

Vcav

2Vcav
Q0

+
(
r
Q

)
Ib0 cosφb

(B.16)

In the case of the SC cavity, β is much larger than 1, and the following
approximation can be derived;

(QL)opt ≈
Vcav(

r
Q

)
Ib0 cosφb

tanψopt ≈ tanφb

→ ψopt ≈ φb

(Pg)min ≈
V 2
cav(

r
Q

)
(QL)opt

= Vcav · Ib0 · cosφb

(B.17)

Pref ≈
1

1 + tan2 ψ
·

∣∣∣∣∣(1 + i tanψ)
√
Pg · e−jθ +

1

2

√(
r

Q

)
QL

~Ib

∣∣∣∣∣
2

(B.18)

The cavity voltage Vcav can be calculated using the accelerating gradient
Eacc and the geometric length l of the cavity such that Vcav = Eacc · l. Thus,
the minimal generator power is expressed as

(Pg)min = Eacc · l · Ib0 · cosφb (B.19)
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